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investments and buying public bonds issued by the government, and unconventional
monetary policy in the form of quantitative easing or tightening into a rich New-
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Yolu 18, 06790, Ankara, Türkiye. E-mail: zeynepkantur@baskent.edu.tr.
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1 Introduction

Since the Global Financial Crisis of the late 2000s, shocks that could disrupt financial
stability and the policies and tools to address such disruptions have gained importance
for both policymakers and researchers. Transition and physical risks which originate from
climate change and relevant climate change mitigation or adaption policies are among the
most significant factors that could impact financial stability in the future. The literature
emphasises that ensuring financial stability is achievable by being prepared before the
shock occurs. The risks posed by climate change inherently carry significant uncertainty
for the real economy. In addition to this uncertainty, climate change will also have
a direct impact on the financial system by increasing damages from physical risks for
insurance companies and reducing the performance of loans to firms negatively impacted
by environmental regulation, changing consumer habits, or extreme weather events, for
example. Therefore, this situation, which policymakers are not fully prepared for and
find difficult to define, will challenge the financial system.

In this respect, a novel literature has started to investigate the effects of climate
change, classic environmental policies such as carbon taxes and cap-and-trade systems,
as well as non-standard financial sector policies to assist with the economic challenges
of climate change such as green quantitative easing (QE), brown quantitative tightening
(QT), or sector-specific bank regulation policies. Notable contributions to this literature
are, for example, Diluiso et al. (2021), Benmir and Roman (2022), Carattini et al. (2023),
and Giovanardi et al. (2023).

Another novel literature utilises large multi-sector (E-)DSGE models where each sec-
tor needs to buy products from many other sectors as inputs to utilise in its production
process. These input-output linkages are measured in the data using input-output ma-
trices and the amount of intermediate inputs constitutes a sizable share relative to the
other production inputs (e.g., labour, capital, energy). These sectoral linkages create
networks among the sectors so that economic developments in a large sector that buys
many inputs from other sectors has considerable consequences for the other sectors as
well. Noteworthy studies in this literature are given by, for example, Baqaee and Farhi
(2019), Ghassibe (2021), Frankovic (2022), Hinterlang et al. (2022), and Del Negro et al.
(2023).

Therefore, in this paper we introduce financial intermediaries and unconventional
monetary policy in the form of QE or QT programmes into the rich New-Keynesian
multi-sector E-DSGE model with input-output linkages for intermediate goods production
and investment that we have developed in Grüning and Kantur (2023), where the 37
sectors are labelled as green or brown following the green EU taxonomy. Additionally,
we model the fiscal sector more realistically by adding public green bonds, government
expenditure, as well as a fiscal rule in order to provide an analysis of additional fiscal
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policy interventions not possible in our previous model. To the best of our knowledge,
we are the first who introduce financial intermediaries into a network E-DSGE model.

With this model at hand, we can therefore analyse how the input-output linkages
affect the pass-through of non-standard climate change policies including sector-specific
bank regulation policies and central bank asset purchases or sales to macroeconomic
outcomes, environmental dynamics, and financial stability.

The financial sector is modelled along the lines of Gertler and Karadi (2013) where
financial intermediaries lend to capital producers for their investment in capital. Addi-
tionally, they buy public bonds from the government. The financial intermediaries use
deposits from households and their own net worth to finance these loans and public bonds.
They are subject to an incentive compatibility constraint with asset-specific absconding
rates so that banks in equilibrium will not abscond with a fraction of their assets.

The central bank – in addition to setting the nominal risk-free rate via a standard
Taylor rule – can buy financial assets (corporate loans, public bonds) by issuing reserves
to provide financial intermediaries with extra liquidity. The modelling of the monetary
authority follows Sims and Wu (2021).

The fiscal authority levies taxes on final consumption, on intermediate consumption
(intermediate inputs by firms), on labour income, on carbon emissions, and potentially on
investments. While the carbon tax revenue is recycled either in the form of a lump-sum
transfer to households, investment subsidies to the green sectors, or public green capital
investments, the other tax revenues are used to finance (wasteful) public consumption
expenditures. The government can also issue public general bonds to finance public
consumption expenditures. Furthermore, it can build public green capital by issuing
public green bonds that are bought by the financial intermediaries or the central bank.

We aim to provide an in-depth analysis of the effects of various financial and fiscal
policies designed to assist with the transition to a low-carbon economy on macroeconomic
outcomes, environmental dynamics, and financial stability.

Specifically, we use impulse response functions to study bank regulation policies via
absconding rate shocks in green, brown, or all sectors, Green QE and Brown QT pro-
grammes as well as a restructuring of the central bank’s balance sheet by combining
the Green QE and Brown QT programmes, several carbon tax revenue recycling schemes
(lump-sum transfer, investment subsidies, or public green capital build-up), green technol-
ogy innovations (exogenous productivity shocks vs public green capital build-up financed
by public green bond issuance), and sector-specific investment tax and subsidy policies
(brown investment taxes, green investment subsidies, or a combination of both).

Policies that do not exert a cost for economic growth or even provide increases in
overall production while at the same time reduce emissions considerably, which would
typically be achieved by an increase in production volumes in sectors with low emis-
sion intensities and a decrease in production volumes in carbon intensive sectors, are

2



particularly helpful in facilitating the transition to a greener economy. Evaluating all
aforementioned policies with respect to their green transition potential, only one is found
to be fully effective in inducing a green transition: using carbon tax revenues to build
public green capital. With this carbon tax revenue recycling scheme in place, an increase
in the carbon tax rate is expansionary in terms of output and, in the longer run, con-
sumption. Moreover, this scheme induces a significant reduction of carbon emissions due
to more abatement efforts. There is some short-run inflationary pressure though. The
green investment subsidy recycling scheme comes close to inducing a true green transi-
tion. However, aggregate output declines in the medium run after a short-run increase.
In terms of emissions, the decline is substantially larger than in the green public capital
recycling scenario and similar to the emissions decrease when carbon taxes are transferred
in lump-sum manner to the households. The lump-sum transfer is recessionary though.

Another policy that works quite well is providing investment subsidies in the green
sectors by increasing labour taxes. Similarly to financing such subsidies by recycling
carbon tax revenues, aggregate output increases in the short run but declines in the
medium run. Emissions first increase due to higher production levels but then decrease
substantially in the medium run due to higher abatement efforts and the reduction of
production activities at the same time.

The reason for the failure of the other policies is the tight link between sectors due to
the input-output linkages for both production and investment and the presence of financial
intermediaries. Due to this, the dynamics of green and brown sectors’ outputs behave
similarly since without loss of generality an increase in green sectors’ production requires
also an increase in brown sectors’ production due to the increased demand for intermediate
inputs from the brown sectors. Moreover, the sector-specific loan interest rates are aligned
almost perfectly which reduces the effectiveness of all investment-related policies due to
the financial intermediaries taking advantage of the situation and increasing their margins.

Other policies that induce positive aggregate economic growth effects (reducing ab-
sconding rates in the green sectors, a Green QE programme, building public green capital
by issuing public green bonds) simultaneously lead to an increase in emissions since both
green and brown outputs increase in these scenarios due to the aforementioned channels,
and this increase in production activity is not accompanied by a significant increase in
abatement efforts. The recessionary policies (increasing absconding rates in the brown
sectors, a Brown QT programme, brown investment taxes) reduce emissions successfully
but at the cost of lower aggregate output.

Regarding financial stability, an absconding rate increase in the brown sectors induces
bank leverage to decrease significantly (more financial stability), while the absconding
rate decrease in the green sectors leads to a considerable decrease in financial stability.
A Green QE programme increases financial stability in the short run and a Brown QT
programme reduces financial stability in the short run. Fiscal policies have a generally
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smaller impact on financial stability or bank leverage. The largest decrease in bank
leverage (increase in financial stability) from such policies comes about from carbon tax
revenue recycling in the form of providing green investment subsidies while the largest
increase in bank leverage (reduction of financial stability) is induced by a green technology
shock.

To some extent, the combination of an expansionary absconding rate decrease in
the green sectors and a recessionary absconding rate increase in the brown sectors also
solves the trade-off between emissions reductions and economic expansions. However,
the effects are very small since these combined policies almost cancel out each other
exactly. Nevertheless, a small economic expansion in the short run and a small reduction
of emissions in the medium to long run is observed in this combined scenario. Due to the
large additional investment needs and the increase in loan costs, the fiscal budget-neutral
combination of brown investment taxes and green investment subsidies is recessionary.
This is in contrast to the results of Grüning and Kantur (2023) where this fiscal policy
delivers an economic expansion and an emission reduction, as there are no financial
intermediaries in the previous version of our model and thus there is no increase in loan
costs that counteracts the effect of this fiscal policy.

Removing the input-output linkages in intermediate goods production and study-
ing the resulting impulse response functions for this model variant reveals that certain
investment-related fiscal policies become more successful in inducing a true green tran-
sition. Specifically, revenue recycling in the form of green investment subsidies becomes
more expansionary in the short to medium run while reducing emissions more than the
other carbon tax recycling schemes and similar dynamics emerge now for the introduc-
tion of brown investment taxes, green investment subsidies, and the fiscal budget-neutral
combination of these investment policies. Removing the financial intermediaries from the
model implies a large improvement of the carbon tax revenue recycling strategy that sees
the revenues being used for providing investment subsidies to the green sectors in terms
of aggregate output, which increases by 5% in the short run. This short-run surge in
output implies a short-run surge in emissions, but emissions are reduced substantially in
the medium to long run.

Overall, our results demonstrate that input-output linkages and the presence of finan-
cial intermediaries are important to consider for the pass-through of economic policies.
While the input-output linkages provide for an amplification of effects, they also make
sectors co-move much more, which impairs the effectiveness of economic policies targeted
to assist with the green transition. The financial sector, including the central bank, and
the conditions with which they provide funding to firms can shape the responses of eco-
nomic quantities to climate change policies in such a network model like ours considerably.
With financial intermediaries acting as shock smoothing agents, investment-related fiscal
policies feature a lower pass-through to macroeconomic and environmental dynamics.
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Literature review. Our main contribution is to study the effects of environmental
and bank regulation policies on macroeconomic, environmental, and financial stability,
while considering the production and investment networks among sectors. In doing so,
we relate to several strands of literature.

One strand of literature investigates the macro-financial impacts of climate policies.
The predecessor to this paper (Grüning and Kantur, 2023) focuses mainly on the macroe-
conomic effects of stranded assets. However, in this paper, we introduce financial interme-
diaries into the model to shed light on the trade-off between the environmental benefits of
climate policies and macro-financial stability. Analysing the interaction between climate
risks and financial stability is relatively new compared to examining macroeconomic re-
lationships as discussed in the literature by Battiston et al. (2021). Climate change and
the related mitigation or adaption policies are now considered a major financial risk.
Javadi and Masum (2021) provide empirical evidence showing that lenders are increas-
ingly recognising climate change as a significant risk factor. The study finds that firms
located in areas with higher exposure to climate change face significantly higher spreads
on their bank loans. In a different fashion, Liu et al. (2024) investigate the impact of
climate risk on financial stability using a panel data set from 53 countries. Their findings
demonstrate that climate risk adversely affects financial stability. However, the extent of
this impact varies depending on factors such as economic development, financial develop-
ment, and competition among countries. Acharya et al. (2023) conduct a climate stress
test to evaluate the resilience of banks and the financial system. Their analysis reveals
that extreme decarbonisation policies could lead to the bankruptcy of high-emission sec-
tors. Similarly, Alessi et al. (2024) use a climate stress test to assess the impact of climate
transition risk on banks’ balance sheets and find that an additional capital buffer for risk-
weighted assets is, on average, required to safeguard the financial system. Dafermos et al.
(2018) examine the effects of physical climate risks on financial stability using a stock-
flow ecological macroeconomic model. Their findings indicate that climate shocks lead
to a decline in firm capital, worsening profitability and liquidity, which in turn increases
default rates and threatens financial stability. Additionally, these shocks prompt port-
folio reallocation and a decline in corporate bond prices. Consequently, climate-induced
financial instability results in reduced credit expansion and lower economic activity. The
study also demonstrates that Green QE can mitigate climate-induced financial instability
and help limit global warming.

Our focus is particularly aligned with studies by Diluiso et al. (2021), Benmir and
Roman (2022), Carattini et al. (2023), and Giovanardi et al. (2023). These papers de-
velop multi-sector E-DSGE models that incorporate both financial frictions and climate
policies. Their findings indicate that financial frictions can amplify transition shocks,
significantly affecting the economy. Additionally, they examine the implications of these
dynamics for central banks and macroprudential policies, highlighting the critical role
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these institutions play in managing the economic consequences of climate policy transi-
tions. Our work builds on this foundation, further investigating how financial frictions
interact with environmental policies within a DSGE framework. Financial frictions in
DSGE models with a banking sector have become popular since the Global Financial
Crisis of 2008/2009 after the pioneering works of Bernanke et al. (1999) and Gertler and
Karadi (2013). In our model, we also explore the effects of central bank green asset
purchases (Green QE), drawing parallels to the analyses conducted by Dafermos et al.
(2018), Diluiso et al. (2021), and Ferrari and Nispi Landi (2023).

Another related strand of literature focuses on incorporating an environmental com-
ponent into DSGE models, referred to as E-DSGE models, to analyse climate and envi-
ronmental policies within business cycles. This approach is exemplified by studies such
as Heutel (2012), Annicchiarico and Di Dio (2015), Hinterlang et al. (2023), and Chan
and Punzi (2023). In our model we can also investigate the impact of various fiscal policy
tools on the economy in the context of a low-carbon transition. Specifically, we analyse
how the issuance of public green bonds by the government can facilitate this transition
and its effects on macroeconomic and financial stability, as studied by Giovanardi et al.
(2023). This approach provides a nuanced understanding of the economic repercussions
associated with central banks’ and governments’ involvement in promoting sustainable
investments amid the ongoing shift towards greener economic practices.

Finally, we include input-output linkages and thus a production and investment net-
work structure, similarly modelled as in Baqaee and Farhi (2019) and Ghassibe (2021).
Notable E-DSGE models with input-output linkages include Hinterlang et al. (2021),
Frankovic (2022), Hinterlang et al. (2022), Ernst et al. (2023), and Del Negro et al.
(2023). The studies by Frankovic (2022) and Ernst et al. (2023) utilise multi-country
models to explore the international relevance of input-output linkages, while the other
aforementioned studies operate in a closed economy framework, as we do.

Relative to the reviewed existing modelling literature, our key novelty is the inte-
gration of financial intermediaries into a network E-DSGE New-Keynesian model. This
allows us to shed light on the economic effects of the presence of input-output linkages and
financial intermediaries with respect to carbon tax recycling options, investment subsidy
and tax schemes, as well as sector-specific bank regulation and unconventional monetary
policies.

In what follows, Section 2 describes our multi-sector production network New-Keynesian
model with financial intermediaries, Section 3 gives the details on the calibration of a
37-sector version of our model, and Section 4 is devoted to the analysis of our model.
Finally, Section 5 provides concluding remarks. Technical details and additional results
are relegated to the appendices.

6



2 Model

This section develops our multi-sector model with Figure 1 providing a bird’s eye view.

Figure 1: Production network structure of the model
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2.1 Representative household

The representative household consumes goods from all S sectors by means of the following
consumption goods aggregate that assumes a unit elasticity of substitution across sectors:

Ct =
S∏
s=1

(ωcs)
−ωcsCωcs

s,t , (1)

where ωcs is the relative weight of consumption for goods produced in sector s (
∑S

s=1 ωcs =

1) or the proportion of aggregate consumption expenditure P c
t Ct spent on sector s goods

(1 + τ cs,t)Ps,tCs,t. This final consumption goods basket is supplied by a perfectly compet-
itive retail firm, owned by the household, which bundles all sectoral goods together and
which maximises its profits (in nominal terms), given Equation (1):

ZC
t = max

{Cs,t}Ss=1

{
P c
t Ct −

S∑
s=1

(1 + τ cs,t)Ps,tCs,t

}
, (2)
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so that the consumption of goods from sector s is subject to a proportional consumption
tax at rate τ cs,t. The first order conditions are given by:

(1 + τ cs,t)Ps,tCs,t = P c
t ωcsCt, s = 1, . . . , S. (3)

The price index of this consumption goods aggregate will be denoted by P c
t . It satisfies

P c
t Ct =

∑S
s=1(1 + τ cs,t)Ps,tCs,t and is derived by plugging the first order conditions (3)

into the consumption aggregator function (1):

P c
t =

S∏
s=1

[(1 + τ cs,t)Ps,t]
ωcs . (4)

The amount of consumption goods by all firms in sector s is determined by bundling
together the inputs from all firms in sector s according to:

Cs,t =

(∫
Φs

C
(θ−1)/θ
s,j,t dj

)θ/(θ−1)

, (5)

where Φs is the set of all firms in sector s. Moreover, θ is the elasticity of substitution
between any goods.

There is a unit mass of households, indexed by h ∈ [0, 1]. Each household maximises
lifetime utility from consumption minus disutility from labour (β – time discount factor,
f – Frisch elasticity of labour supply, χ – leisure utility scaling parameter, ψ – elasticity
of intertemporal substitution) by choosing consumption Ct(h), its differentiated labour
service Ls,t(h) in each sector s = 1, . . . , S, and deposit holdings Dt+1(h):

Ut = Et

 ∞∑
n=0

βn

1− 1/ψ

Ct+n(h)− χ
(∑S

s=1 Ls,t+n(h)
)1+1/f

1 + 1/f


1−1/ψ

 . (6)

The expenses and incomes of households give rise to the following (nominal) budget
constraint for the representative household:

P c
t

∫ 1

0

Ct(h) dh+

∫ 1

0

Dt+1(h) dh+ PtΦt = (1− τWt )
S∑
s=0

∫ 1

0

Ws,tLs,t(h) dh+ Tt (7)

+Rd
t−1

∫ 1

0

Dt(h) dh+
S∑
s=1

(ZY
s,t + Zy

s,t + Zk
s,t) + ZC

t + ZY
t + Zb

t + (1− θ)NWt−1,

where Rd
t−1 is the nominal interest rate earned at time t on deposits between time t−1 and

t, Φt is the bank start-up funds transferred to new banks by households (in real terms),
Pt is the aggregate price index which will be formally defined in the next section, ZC

t and
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ZY
t are the nominal profits of the aggregate consumption goods producer and aggregate

final goods producer, respectively, Zy
s,t (ZY

s,t, Zk
s,t) is the nominal profit of all intermediate

goods firms (sectoral final goods producers, capital producers) in sector s, Zb
t is the flow

of funds transferred by banks to households, (1 − θ)NWt−1 is the net worth of exiting
banks, Tt is a lump-sum transfer from the fiscal authority, τWt is the labour income tax
rate, and Ws,t is the nominal wage in sector s. Solving the resulting Lagrangian (the
multiplier attached to the budget constraint is denoted by λh,t) results into the following
equilibrium conditions:

λh,t =
1

P c
t

(
Ct −

χ(Lt)
1+1/f

1 + 1/f

)−1/ψ

, (8)

1 = Et[M
$
t,t+1R

d
t ], (9)

M
$
t,t+1 = β

λh,t+1

λh,t
, (10)

where M$
t,t+1 is the nominal stochastic discount factor. We define (after-tax) consumer

price inflation by:
Πc
t+1 = P c

t+1/P
c
t . (11)

The households face sector-specific Calvo-style wage rigidities. The total aggregate labour
supply and demand as well as the sectoral labour supplies of the representative household
are thus given by the following expressions:

Lt =
S∑
s=1

Ls,t, (12)

Ls,t =

(∫ 1

0

(Ls,t(h))
(θℓs−1)/θℓs dh

)θℓs/(θℓs−1)

. (13)

The sector-specific union within household sector chooses the labour supply of household
h by maximizing the following expression:

max
{Lds,t(h)}

{
Ws,t(h)L

d
s,t(h)−Ws,tL

d
s,t

}
, (14)

subject to the sectoral labour market clearing condition: Lds,t(h) = Ls,t(h). The first
order condition yields the following labour demand equation:

Lds,t(h) = (Ws,t(h)/Ws,t)
−θℓs Lds,t. (15)

Assuming that the sectoral wage cannot be adjusted in a given period with probability
κℓs and the absence of any indexation of the wage to past inflation, the household chooses
the optimal wage by solving the following optimisation problem:
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max
{Ws,t(h)}

{
Et

[ ∞∑
n=0

(βκℓs)
n
(
λh,t+n(1− τWt+n)Ws,t+n(h)L

d
s,t+n(h)

+
1

1− 1/ψ

Ct+s − χ
(∑S

s=1 L
d
s,t+n(h)

)1+1/f

1 + 1/f


1−1/ψ



 . (16)

Solving this optimisation problem is quite standard and the equilibrium equations for each
sector s = 1, . . . , S are essentially the same as in Schmitt-Grohé and Uribe (2005), after
taking account of our assumed utility function and the absence of any wage indexation:

gs,1,t = gs,2,t, (17)

Ws,t =
(
(1− κℓs)(W

∗
s,t)

1−θℓs + κℓs(Ws,t−1)
1−θℓs

)1/(1−θℓs) , (18)

Ls,t = ΘW
s,tL

d
s,t, (19)

ΘW
s,t = (1− κℓs)

(
W ∗
s,t

Ws,t

)−θℓs
+ κℓs

(
Ws,t−1

Ws,t

)−θℓs
ΘW
s,t−1. (20)

In the above equations, ΘW
s,t denotes the wage dispersion process in sector s, Lds,t is the

sectoral labour demand, while Ls,t denotes the sectoral labour supply. The variables gs,1,t
and gs,2,t are auxiliary variables to determine the optimal sectoral wage W ∗

s,t, which are
given in the following recursive forms:

gs,1,t =
θℓsχλh,tP

c
t

θℓs − 1
(Ldt )

1/f

(
W ∗
s,t

Ws,t

)−θℓs
Lds,t + βκℓsEt

[(
W ∗
s,t

W ∗
s,t+1

)−θℓs
gs,1,t+1

]
, (21)

gs,2,t = (1− τWt )λh,t

(
W ∗
s,t

Ws,t

)−θℓs
W ∗
s,tL

d
s,t + βκℓsEt

[(
W ∗
s,t

W ∗
s,t+1

)1−θℓs
gs,2,t+1

]
. (22)

Finally, the aggregate wage Wt obeys:

WtL
d
t =

S∑
s=1

Ws,tL
d
s,t. (23)

These equations complete the set of household equilibrium conditions.

2.2 Aggregate final goods firm

There is a representative, perfectly competitive firm that buys all the sectors’ final goods
and assembles them into an aggregate final good (or GDP) by means of the following
production function:

Yt =
S∏
s=1

ω−ωys
ys (Ωs,tYs,t)

ωys , (24)

10



where ωys refers to the relative weight of the output of sector s in aggregate GDP. The
climate damage function Ωs,t is given by:

Ωs,t = e−ι1s·Mt , (25)

where Mt is the stock of carbon above pre-industrial levels in the atmosphere and ι1s the
sensitivity of production to climate change in sector s. Furthermore, the price index of
aggregate GDP and aggregate inflation are defined by:

Pt =
S∏
s=1

(
Ps,t
Ωs,t

)ωys
, (26)

Πt+1 = Pt+1/Pt. (27)

The final goods firm solves the following optimisation problem:

ZY
t = max

{Ys,t}Ss=1

{
PtYt −

S∑
s=1

Ps,tYs,t

}
, (28)

which results into the following first order conditions:

Ps,tYs,t = PtωysYt, s = 1, . . . , S. (29)

2.3 Sectoral final goods firms

There are S production sectors, indexed by s = 1, . . . , S. The sector-specific intermediate
goods are bundled by final goods firms as follows:

Ys,t =

(∫
Φs

Y
(θ−1)/θ
s,j,t dj

)θ/(θ−1)

. (30)

The sectoral final goods firms maximise the profits from selling the sectoral goods and
purchasing the inputs from all intermediate goods firms, given by the following expression,
by choosing intermediate inputs Ys,j,t, subject to Equation (30):

ZY
s,t = max

{Ys,j,t}j∈Φs

{
Ps,tYs,t −

∫
Φs

Ps,j,tYs,j,t dj

}
. (31)

The resulting first order conditions are:

Ps,j,t = Ps,t

(
Ys,t
Ys,j,t

)1/θ

, s = 1, . . . , S. (32)

11



2.4 Intermediate goods firms

The production function of firm j in sector s is specified as follows:

Ys,j,t = (1 +Kp
g,t)

αgsAs,t
(
ζs(VAs,j,t)

(σs−1)/σs + (1− ζs)(Zs,j,t)
(σs−1)/σs

)σs/(σs−1)
, (33)

VAs,j,t =
(
αs(us,tKs,j,t)

(γs−1)/γs + (1− αs)(Ls,j,t)
(γs−1)/γs

)γs/(γs−1)
, (34)

where value-added VAs,j,t is a constant-elasticity-of-substitution (CES) bundle of labour
Ls,j,t with weight 1−αs and utilised capital us,tKs,j,t with elasticity of substitution denoted
by γs. For the production of intermediate goods, value-added and intermediate inputs
are bundled together with elasticity of substitution denoted by σs and the weight on
value-added by ζs. The variable Kp

g,t is green public capital built by the government and
αgs determines the extra production amount that green public capital induces in each
sector. We will assume that this parameter is zero in all brown sectors and positive in all
green sectors to make the public capital stock a green one. The utilisation rate and total
factor productivity in sector s are specified by the following exogenous processes:

ln(us,t) = (1− ρu) ln(ūs) + ρu ln(us,t−1) + σuεs,u,t, s = 1, . . . , S, (35)

ln(As,t) = (1− ρa)ā+ ρa ln(As,t−1) + σaεa,s,t, s = 1, . . . , S, (36)

where ā is the log steady-state total factor productivity or technology in all sectors. The
total amount of intermediate inputs in sector s used by firm j is given by:

Zs,j,t =
S∏
r=1

(ωsr)
−ωsrZωsr

s,j,t(r), (37)

where ωsr is the relative intensity with which sector s firms use goods from sector r as
inputs (

∑S
r=1 ωsr = 1), implying a unit elasticity of substitution between inputs from

different sectors. The parameter ωsr is the (s, r) entry of the input-output matrix. The
amount of intermediate inputs from sector r used by sector s firm j is given by the
following aggregator:

Zs,j,t(r) =

(∫
Φr

Zs,j,t(r, j
′)(θ−1)/θ dj′

)θ/(θ−1)

. (38)

It is assumed that θ > 1 so that it is harder to substitute inputs across sectors than
within a particular sector. The intermediate input firm minimises the total expenditure
on buying the inputs to assemble the bundle Zs,j,t(r), where P s

t is the intermediate inputs

12



price index of sector s and Pr,t the sectoral price index of sector r:

P s
t =

S∏
r=1

(Pr,t)
ωsr , s = 1, . . . , S, (39)

Pr,t =

(∫
Φr

P 1−θ
r,j′,t dj

′
)1/(1−θ)

, r = 1, . . . , S. (40)

Therefore, the cost minimisation problem of the intermediate input firm j in sector s,
subject to the aggregator function (37), is given by:

min
{Zs,j,t(r)}Sr=1

{
S∑
r=1

Pr,tZs,j,t(r)− P s
t Zs,j,t

}
. (41)

The resulting optimisation problems’ solution is given by the following first order condi-
tions (after imposing firm symmetry):

Pr,tZs,t(r) = P s
t ωsrZs,t, r = 1, . . . , S, s = 1, . . . , S. (42)

The symmetric decisions of firms also imply (via Equation 37):

Zs,t =
S∏
r=1

(ωsr)
−ωsrZωsr

s,t (r), s = 1, . . . , S. (43)

Using the first order condition (42) in the aggregator function (43) implies the functional
form of the intermediate input price index in Equation (39), which satisfies P s

t Zs,t =∑S
r=1 Pr,tZs,t(r). The intermediate goods firm j in sector s chooses labour input Lds,j,t,

capital input Ks,j,t, intermediate input bundle Zs,j,t, and the carbon abatement rate,
subject to the production function (33) (Lagrange multiplier MCj,t), by minimising the
following expression for total costs:

Ws,tL
d
s,j,t +Rks,tKs,j,t + (1 + τzs,t)P

s
t Zs,j,t + PtτFs,tνs(1− ψAs,j,t)Ys,j,t + Ps,tX

A
s,j,t − MCs,j,tYs,j,t, (44)

where τFs,t is the sector-specific real carbon tax rate, νs is the sector-specific carbon inten-
sity, and abatement investment in sector s by firm j is given by:

XA
s,j,t = ι2s(ψ

A
s,t)

ι3sYs,j,t. (45)

Additionally, MCs,j,t is the nominal marginal cost of firm j in sector s, and Rk
s,t the rental

rate of capital in sector s. The first order conditions from the cost minimisation problems
for s = 1, . . . , S are given by:1

1After assuming that in each sector all firms choose the same capital-labour ratio and thus take the
same decisions except for abatement rates – consequently, also the carbon tax burden is specific to the

13



Ws,t = MCs,t(Ys,t)
1/σs(As,t(1 +Kp

g,t)
αgs))1−σsζs(VAs,t)

1/γs−1/σs(1− αs)(L
d
s,t)

−1/γs , (46)

(1 + τzs,t)P
s
t = MCs,t(Ys,t)

1/σs(As,t(1 +Kp
g,t)

αgs))1−σs(1− ζs)(Zs,t)
−1/γs , (47)

Rk
s,t = MCs,t(Ys,t)

1/σs(As,t(1 +Kp
g,t)

αgs))1−σsζs(VAs,t)
1/γs−1/σsαs(us,tKs,t)

−1/γsus,t, (48)

ψA
s,j,t =

(
τFs,tPt

Ps,t

νs
ι2sι3s

)1/(ι3s−1)

. (49)

Marginal cost of firm j depends on the firm-specific abatement rate and carbon tax burden
in the following way:

MCs,j,t = MCs,t + PtτFs,tνs(1− ψAs,j,t) + Ps,tι2s(ψ
A
s,j,t)

ι3s , (50)

where MCj,t is the component in marginal costs attached to the same capital-labour
ratio that firms in each sector choose. This approach of accounting for carbon taxes and
abatement effort in the price-setting problem follows Benmir and Roman (2022). The
nominal profits earned by all intermediate goods firms in sector s are given by:

Zys,t =

∫
Φs

(
Ps,j,tYs,j,t −Ws,tL

d
s,j,t −Rks,tKs,j,t − (1 + τzs,t)P

s
t Zs,j,t − PtτFs,tνs(1− ψAs,j,t)Ys,j,t − Ps,tX

A
s,j,t

)
dj. (51)

Price stickiness in the intermediate goods sector is modelled via introducing Calvo-type
price stickiness where the prices can adjust in sector s according to the sector-specific
probability 1 − κs. The optimal nominal price at time t for sector s is denoted by P ∗

s,t,
which is equal to Ps,j,t with index j in the set of firms that are allowed to re-optimise in
what follows, and Πt,t+k = Pt+k/Pt denotes inflation between time t+ k and time t. We
assume that there is no indexing of prices to inflation so that Ps,j,t+k = Ps,j,t for those
firms with index j in the set of firms that cannot re-optimise in all periods between time
t and time t + k. With this optimal price and Equation (40), the sectoral price index is
found to be:

Ps,t =
[
κsP

1−θ
s,t−1 + (1− κs)(P

∗
s,t)

1−θ]1/(1−θ) , s = 1, . . . , S. (52)

The optimal price setting problem is given by:

max
{Ps,j,t}

{
Et
[ ∞∑
i=0

κisMt,t+i

(
Ps,j,t+iYs,j,t+i − MCs,t+iYs,j,t+i

Pt+i

)]}
, (53)

firm – which implies symmetry and being able to drop the firm index j in the first three first order
conditions.
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subject to first order conditions (29) and (32). Combining these two first order conditions
yields:

Ps,j,t =
PtωysYt
Ys,t

(
Ys,t
Ys,j,t

)1/θ

, s = 1, . . . , S. (54)

After substituting in the just derived equation into the optimisation problem, one obtains:

max
{Ps,j,t}

{
Et
[ ∞∑
i=0

κisMt,t+iY
1−θ
s,t+i

(ωysYt+i)−θ

((
Ps,j,t+i
Pt+i

)1−θ

− MCs,j,t+i

Pt+i

(
Ps,j,t+i
Pt+i

)−θ
)]}

, (55)

which results into the following first order conditions (s = 1, . . . , S) after a couple of
standard derivations and using the assumption of no indexation of rigid prices:

0 = Et
[ ∞∑
i=0

κisMt,t+iYs,t+i

(
Ys,t+i
Yt+i

)−θ

(Πt,t+i)
θ−1

(
P ∗
s,t

Pt
− θmcs,j,t+iΠt,t+i

θ − 1

)]
, (56)

where mcs,j,t+i = MCs,j,t+i/Pt+i is the sector s-specific real marginal cost. These first
order conditions can be expressed in the symmetric equilibrium (where all firms within a
sector also choose the same abatement effort) by:

P ∗
s,t

Pt
=
f1,s,t + f3,s,t

f2,s,t
, s = 1, . . . , S, (57)

where the variables f1,s,t, f2,s,t, and f3,s,t are recursively defined as follows:

f1,s,t = µ

(
Ys,t
ωysYt

)−θ

mcs,tYs,t + κsEt[Mt,t+1(Πt+1)
θf1,s,t+1], (58)

f2,s,t =

(
Ys,t
ωysYt

)−θ

Ys,t + κsEt[Mt,t+1(Πt+1)
θ−1f2,s,t+1], (59)

f3,s,t = µ

(
Ys,t
ωysYt

)−θ (
Ps,t

Pt
ι2s(ψ

A
s,t)

ι3s + τFs,tνs(1− ψA
s,t)

)
Ys,t + κsEt[Mt,t+1(Πt+1)

θf3,s,t+1], (60)

where µ := θ/(θ−1) is the intermediate goods producers’ monopoly markup over marginal
cost and Πt+1 = Πt,t+1. Due to firm symmetry and the equilibrium price setting distortion,
the final goods output of sector s is determined by the following equation:

Y̊s,t = Ys,t/P̊s,t = (P̊s,t)
−1(1+Kp

g,t)
αgsAs,t

(
ζs(VAs,t)

(σs−1)/σs + (1− ζs)(Zs,t)
(σs−1)/σs

)σs/(σs−1)

, (61)

where the price distortion variable P̊s,t obeys the following law of motion (see Appendix A
for the derivation):

P̊s,t = κs (Ps,t/Ps,t−1)
θ P̊s,t−1 + (1− κs)

(
P ∗
s,t/Ps,t

)−θ
, s = 1, . . . , S. (62)
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2.5 Capital producers

Sectoral capital is produced by a representative perfectly competitive sectoral capital
producer, where capital accumulates according to:

Ks,t+1 = (1− δs)Ks,t + Λs(Is,t/Ks,t)Ks,t, s = 1, . . . , S. (63)

where Λs(·) is the sector-specific capital adjustment cost function. These functions are
specified as follows:

Λs,t = Λs(Is,t/Ks,t) =
α1s · (Is,t/Ks,t)

1−1/ξs

1− 1/ξs
+ α2s, s = 1, . . . , S, (64)

where ξs is the capital adjustment costs elasticity and the constants α1s and α2gs in
each sector s are chosen such that there are no adjustment costs in any sector in the
deterministic steady state. Finally, δs is the capital depreciation rate in sector s. The
investment goods are bundled together from the intermediate goods output of individual
firms in each sector as follows:

Is,t =
S∏
r=1

(ωisr)
−ωisr(Is,t(r))

ωisr , (65)

where ωisr is the relative intensity with which sector s capital producers use goods from
sector r as inputs (

∑S
r=1 ω

i
sr = 1), implying a unit elasticity of substitution between

inputs from different sectors. The parameter ωisr is the (s, r) entry of the investment
input-output matrix. The amount of investment goods from sector r used by sector s is
given by the following aggregator:

Is,t(r) =

(∫
Φr

Is,t(r, j)
(θ−1)/θ dj

)θ/(θ−1)

. (66)

The investment good producer minimises the total expenditure on buying the inputs to
assemble the bundle Is,t(r), where P i

s,t is the investment good price index of sector s and
Pr,t the sectoral price index of sector r:

P i
s,t =

S∏
r=1

(Pr,t)
ωisr , s = 1, . . . , S. (67)

Therefore, the cost minimisation problem of the investment good producers in sector s,
subject to the aggregator function (65), is given by:

min
{Is,t(r)}Sr=1

{
S∑
r=1

Pr,tIs,t(r)− P i
s,tIs,t

}
. (68)
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The resulting optimisation problems’ solution is given by the following first order condi-
tions (after imposing firm symmetry):

Pr,tIs,t(r) = P i
s,tω

i
srIs,t, r = 1, . . . , S, s = 1, . . . , S. (69)

Maximizing values of profits of renting out capital (or the cum-dividend stock price of
the green and brown capital producers) is done by choosing the aggregate investment
demands and next period’s aggregate capital stock demands in sector s in the following
objective functions, subject to the capital accumulation equations (63) with Lagrange
multiplier Qs,t+nM

$
t,t+n:

V ks,t = max
{Is,t;Ks,t+1;L

i
s,t+1}

{
Et

[ ∞∑
n=0

M
$
t,t+n

(
Rks,t+nKs,t+n − (1 + τ is,t)P

i
s,t+nIs,t+n + Lis,t+n+1 −Ris,t+n−1L

i
s,t+n

)]}
,

(70)

from which we can read off the capital producers’ profit definitions as follows:

Zk
s,t = Rk

s,tKs,t − (1 + τ is,t)P
i
s,tIs,t + Lis,t+1 −Ri

s,t−1L
i
s,t, s = 1, . . . , S. (71)

The optimisation problem is subject to a loan-in-advance constraint of the following type:

Lis,t+1 ≥ χs(1 + τ is,t)P
i
s,tIs,t, s = 1, . . . , S. (72)

The parameter χs measures the fraction of investment expenditures (net of taxes) that
needs to be financed by loans in sector s. Solving this optimisation problem implies
the following equilibrium conditions (for s = 1, . . . , S), where the Lagrange multiplier
attached to the loan-in-advance constraint is denoted by µLIAs,t :

Qs,t = (1 + µLIAs,t χs)(1 + τ is,t)P
i
s,t/Λ

′
s,t, (73)

Qs,t = Et

[
M

$
t,t+1

(
Rks,t+1 −

Qs,t+1Λ
′
s,t+1Is,t+1

Ks,t+1
+Qs,t+1(Λs,t+1 + 1− δs)

)]
, (74)

1 + µLIAs,t = Et[M
$
t,t+1R

i
s,t] = Et[Mt,t+1R

i
s,t/Πt+1] = Et[Mt,t+1r

i
s,t+1], (75)

where the derivative of the capital adjustment cost function is given by:

Λ′
s,t = α1s · (Is,t/Ks,t)

−1/ξs , (76)

and τ is,t is the tax rate applied to investing in capital in sector s. Note that negative tax
rates are equivalent to subsidies.
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2.6 Banks

The financial sector is composed of a continuum of banks, indexed by j, with mass 1.
The banks originate loans to the capital producers, buy public general and green bonds
from the government, and hold central bank reserves. They finance these loans by taking
deposits from the households and using their own net worth. Therefore, the balance sheet
of an individual bank obeys:

NWj,t +Dj,t+1 = REj,t+1 +Bp
b,j,t+1 +Bp

g,j,t+1 +
S∑
s=1

Li,ps,j,t+1, (77)

while the nominal net worth of individual bank j evolves as follows:

NWj,t = it−1REj,t +Rb
b,t−1B

p
b,j,t +Rb

g,t−1B
p
g,j,t +

S∑
s=1

Ri
s,j,t−1L

i,p
s,j,t −Rd

t−1Dj,t. (78)

The value of an individual bank Vj,t(NWj,t) is conjectured to satisfy Vj,t(NWj,t) =

vtNWj,t. Since we assume that a fixed proportion θb ∈ (0, 1) of banks has to exit ev-
ery period the Bellman equation for the value of individual bank j is given by:

Vj,t(NWj,t) = vtNWj,t = Et[(1− θb)M
$
t,t+1NWj,t+1 + θbM

$
t,t+1Vt+1NWj,t+1]. (79)

The banks maximise their value that is defined via above Bellman equation by choosing
bank net worth NWj,t, the amount of public general bonds Bp

b,j,t+1, the amount of public
green bonds Bp

g,j,t+1, and the amount of loans Li,ps,j,t+1 in each sector s = 1, . . . , S, subject
to the following incentive compatibility constraint so that banks in equilibrium will not
abscond away with a fraction of the assets under their management, which is assumed to
be the relevant financial friction in our economy:

vt · NWj,t ≥ ∆bbB
p
b,j,t+1 +∆bgB

p
g,j,t+1 +

S∑
s=1

∆s,tL
i,p
s,j,t+1, (80)

where ∆s,t denotes the sector-specific stringency for corporate loans of this financial
friction. Similarly, ∆bb and ∆bg are the absconding rates of public general bonds and
public green bonds, respectively. Solving this optimisation problem gives rise to the
following first order conditions (denoting by µiccj,t the Lagrange multiplier attached to the
incentive compatibility constraint for bank j):2

2Note that these equilibrium conditions are the same for each bank; therefore, bank symmetry has
already been imposed for the displayed equilibrium conditions.
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(1− µicct )vt = Et[M
$
t,t+1Ωt+1R

d
t ] = Et[Mt,t+1Ωt+1r

d
t+1], (81)

µicct ∆s,t = Et[M
$
t,t+1Ωt+1(R

i
s,t −Rd

t )] = Et[Mt,t+1Ωt+1(r
i
s,t+1 − rdt+1)], s = 1, . . . , S, (82)

µicct ∆bb = Et[M
$
t,t+1Ωt+1(R

b
b,t −Rd

t )] = Et[Mt,t+1Ωt+1(r
b
b,t+1 − rdt+1)], (83)

µicct ∆bg = Et[M
$
t,t+1Ωt+1(R

b
g,t −Rd

t )] = Et[Mt,t+1Ωt+1(r
b
g,t+1 − rdt+1)], (84)

where Ωt, the modification to the household stochastic discount factor for banks, obeys:

Ωt+1 = 1− θb + θb · vt+1. (85)

In order to keep the mass of banks equal to 1 across periods, new banks enter to replace the
exited banks with mass θb. These new banks obtain the start-up funds from households
in the nominal amount of PtΦt. Therefore, the aggregate net worth of the banking sector
obeys the following law of motion:

NWt = θb

(∑S
s=1(R

i
s,t−1 −Rd

t−1)L
i,p
s,t

NWt−1
+

(Rb
b,t−1 −Rd

t−1)B
p
b,t + (Rb

g,t−1 −Rd
t−1)B

p
g,t + (it−1 −Rd

t−1)REt

NWt−1

+ Rd
t

)
NWt−1 + Pt−1Φt−1. (86)

With these assumptions and first order conditions, we can find the nominal flow of funds
from banks that are transferred to households to be given by:

Zb
t =

S∑
s=1

(Ri
s,t−1L

i,p
s,t − Li,p

s,t+1) +Rb
b,t−1B

p
b,t −Bp

b,t+1 +Rb
g,t−1B

p
g,t −Bp

g,t+1 + it−1REt − REt+1

+Dt+1 −Rd
t−1Dt + PtΦt − (1− θ)NWt−1, (87)

where the bank start-up fund is assumed to be a fixed percentage of aggregate bank net
worth as follows:

PtΦt = φ · NWt. (88)

Finally, the sector-specific absconding rates obey the following laws of motion:

∆s,t = (1− ρ∆)∆̄s + ρ∆∆s,t−1 + σ∆ε∆,s,t, s = 1, . . . , S. (89)

2.7 Monetary authority

The monetary authority applies a classic nominal interest rate rule of the following form
to stabilise the deviation of inflation from target and the output gap:

ln(it) = (1− ρi) ln(̄i) + ρi ln(it−1) + (1− ρi)
[
ϕπ(ln(Πt)− ln(Π̄)) + ϕy(ln(Yt)− ln(Y ))

]
+ σiεi,t, (90)

rt = it−1/Πt, (91)

Rd
t = it, (92)
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where the second equality defines the real risk-free interest rate, Π̄ is the inflation target
or steady-state inflation, and Y is steady-state aggregate final goods output, while the
third equality establishes that the nominal cost of deposits for banks (i.e. the deposit
interest rate) is equal to the nominal monetary policy rate.

Additionally, the monetary authority can engage in corporate and public bond pur-
chases (quantitative easing) by issuing reserves held by the private banks and investing
these reserves in corporate loans in sector s in the amount of Li,cbs,t , in public general
bonds in the amount of Bcb

b,t, or in public green bonds in the amount of Bcb
g,t that yields

the following balance sheet of the monetary authority:

REt = Bcb
b,t +Bcb

g,t +
S∑
s=1

Li,cbs,t . (93)

The bond purchases are governed by the equations:

Bcb
b,t = scbb,tBb,t, scbb,t = (1− ρcb)s̄

cb
b + ρcbs

cb
b,t−1 + σcbε

cb
b,t, (94)

Bcb
g,t = scbg,tBg,t, scbg,t = (1− ρcb)s̄

cb
g + ρcbs

cb
g,t−1 + σcbε

cb
g,t, (95)

Li,cbs,t = scbℓ,s,tL
i
s,t, scbℓ,s,t = (1− ρcb)s̄

cb
ℓ,s + ρcbs

cb
ℓ,s,t−1 + σcbε

cb
ℓ,s,t, s = 1, . . . , S. (96)

Finally, the monetary authority transfers all the proceeds from its bond portfolio minus
its financing costs (i.e. the central bank profits) to the fiscal authority which implies that
the variable Tcb,t obeys:

Tcb,t = Rb
b,t−1B

cb
b,t +Rb

g,t−1B
cb
g,t +

S∑
s=1

(Ri
s,t−1L

i,cb
s,t )− it−1REt. (97)

2.8 Fiscal authority and environmental dynamics

The fiscal authority collects the tax revenues from taxing carbon emissions by the inter-
mediate goods firms and the deposit adjustment costs from the households. It distributes
these revenues in a lump-sum fashion back to the households:

Tt =
S∑
s=1

[
τFs,tνs(1− ψAs,t)Y̊s,t

]
. (98)

Additionally, the fiscal authority collects the tax revenues from taxing the labour income
of households, the final consumption of goods by the households, the consumption of
intermediate inputs by the intermediate goods producers, and investments by the capital
producers. It also receives the transfer from the monetary authority and can issue public
general and green bonds. With these tax revenues it finances wasteful public consumption
expenditure and the interest payments on its issued bonds, giving rise to the following
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government budget constraint:

Rb
b,t−1Bb,t +Rb

g,t−1Bg,t +
S∑
s=1

Gs,t = Tcb,t +Bb,t+1 +Bg,t+1 (99)

+ τWt

S∑
s=1

Ws,tL
d
s,t +

S∑
s=1

[
τ cs,tPs,tCs,t + τ is,tP

i
s,tIs,t + τ zs,tP

s
t Zs,t

]
.

The following fiscal rule ensure the stationarity of the debt to GDP ratio (where bb,t is
real public general bond holdings):

bb,t+1

Yt
= ρby ·

bb,t
Yt−1

+ ϕby · (Y − Yt). (100)

To ensure that this equation holds in equilibrium, the labour income tax rate adjusts
endogenously. The government can also issue public green bonds Bg,t that are used to
build green public capital. The issuance of public green bonds follows an exogenous
process that determines that the issuance amount (equal to the public green investment
expenditure) is equal to a fraction of aggregate investment expenditure sbg,t (where bg,t is
real public green bond holdings):

Bg,t+1 = sbg,tP
i
t It, sbg,t = ρbgs

b
g,t−1 + σbgε

b
g,t, (101)

Kp
g,t+1 = (1− δp)K

p
g,t + bg,t+1, (102)

where aggregate investment and its nominal price are defined by It =
∏S

s=1(ωys)
−ωys(Is,t)

ωys

and P i
t =

∏S
s=1(P

i
s,t)

ωys , respectively. The aggregate public consumption bundle is built
by a perfectly competitive public firm according to the following production technology:

Gt =
S∏
s=1

(ωgs)
−ωgsG

ωgs
s,t , (103)

where ωgs is the relative weight of public consumption for goods produced in sector s
(
∑S

s=1 ωgs = 1) or the proportion of aggregate public consumption expenditure P g
t Gt

spent on sector s goods Ps,tGs,t. The public firm maximises its profits (in nominal terms)
by solving the following problem:

max
{Gs,t}Ss=1

{
P g
t Gt −

S∑
s=1

Ps,tGs,t

}
. (104)

The first order conditions are given by:

Ps,tGs,t = P g
t ωgsGt, s = 1, . . . , S. (105)
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The price index of this public consumption goods aggregate will be denoted by P g
t and

obeys:

P g
t =

S∏
s=1

P
ωgs
s,t . (106)

It also satisfies P g
t Gt =

∑S
s=1 Ps,tGs,t. The government requires a fixed proportion ḡ > 0

of aggregate output as public consumption:

P g
t Gt = ḡPtYt. (107)

Finally, the consumption and investment tax rates obey the following exogenous laws of
motion:

τ cs,t = (1− ρcτ )τ̄
c
s + ρcττ

c
s,t−1 + σcτε

c
τ,s,t, s = 1, . . . , S, (108)

τ zs,t = (1− ρzτ )τ̄
z
s + ρzττ

z
s,t−1 + σzτε

z
τ,s,t, s = 1, . . . , S, (109)

τ is,t = (1− ρiτ )τ̄
i
s + ρiττ

i
s,t−1 + σiτε

i
τ,s,t, s = 1, . . . , S. (110)

Turning to the environmental module in our economy, we have that total emissions
in the economy at time t are given by:

Et =
S∑
s=1

νs(1− ψAs,t)Y̊s,t. (111)

These emissions fuel the stock of carbon in the emissions via the following law of motion:

Mt = (1− δm)Mt−1 + Et, (112)

where δm is the fraction of carbon that leaves the atmosphere due to natural processes.
Via the damage functions, the stock of carbon above pre-industrial levels Mt influences
production processes negatively. To combat this externality, the fiscal authority can levy
sector-specific carbon taxes that obey the following processes:

τFs,t = (1− ρFτ )τ̄
F
s + ρFτ τ

F
s,t−1 + σFτ ε

F
τ,s,t, s = 1, . . . , S. (113)

2.9 Market clearing

In the labour market, supply meets demand when the following market clearing condition
holds:

Ldt =
S∑
s=1

Lds,t. (114)
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The capital stocks available in sector s are demanded by all firms in sector s. Thus,
market clearing for sector s capital requires:

Ks,t =

∫
Φs

Ks,j,t dj. (115)

Market clearing in the bond and loan markets require that each bond and loan is held
either by the private banking sector or the central bank which implies the following
conditions:

Bb,t = Bp
b,t +Bcb

b,t, (116)

Bg,t = Bp
g,t +Bcb

g,t, (117)

Lis,t+1 = Li,ps,t+1 + Li,cbs,t+1, s = 1, . . . , S. (118)

With the household budget constraint (7), the fiscal authority budget constraint (99),
and the definitions of all the profits of all firms/producers, we can derive the following
aggregate resource constraint to hold in our model:

PtYt =
S∑
s=1

Ps,tY̊s,t = P gt Gt + P ct Ct +

S∑
s=1

[
P is,tIs,t + Ps,tι2s(ψ

A
s,t)

ι3s Y̊s,t + P st Zs,t

]
. (119)

Moreover, the following sectoral resource constraints have to hold in equilibrium:

Y̊s,t = Gs,t + Cs,t + ι2s(ψ
A
s,t)

ι3sY̊s,t +
S∑
r=1

Ir,t(s) +
S∑
r=1

Zr,t(s), s = 1, . . . , S. (120)

The model is implemented fully in real terms, using first-order perturbation methods
and stochastic simulations in dynare 4.5.4. Appendix B contains the details on how to
normalise the equations in nominal form to their real form, while the formal equilibrium
definition and the steady-state equation system are relegated to Appendices C and D.

3 Calibration

This section presents an outline of the quarterly parameterisation employed in the an-
alysis. Our model calibration is focused on the euro area, which is treated as a closed
economy. The euro area encompasses 19 countries (as of 2022).3 We obtain flow data
from the FIGARO Database to calibrate the input-output matrix in the model.4 We
calibrate our model using the most recent available input-output dataset from 2021.

3Belgium, Germany, Estonia, Ireland, Greece, Spain, France, Italy, Cyprus, Latvia, Lithuania, Lux-
embourg, Malta, the Netherlands, Austria, Portugal, Slovenia, Slovakia, and Finland.

4FIGARO stands for Full International and Global Accounts for Research in Input-Output Analysis.
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This database provides us with valuable insights into the trading dynamics for each
combination of country and sector. Particularly, we aggregate the industries from all 19
euro area countries. This consolidation results in a unified framework of 37 sectors within
what we refer to as a single country, representing the entirety of the euro area with 19
countries (EA-19). Table E.1 reports the description of the 37 sectors at the NACE-1 and
NACE-2 levels we use. Since the manufacturing sector is a key sector that is particularly
exposed to decarbonisation pressure, we use all the sub-sectors of the manufacturing
sector (denoted by the letter C in NACE code) at NACE level 2, while all other sectors
are used at the NACE level 1 only to keep the size of the model tractable.

The compiled data is used to calibrate the weights of each intermediate input in the
production function of each sector, denoted by ωsr. Similarly, the proportion of sectoral
government expenditure, denoted by ωgs, reflects the allocation of government spending
across different sectors. Additionally, we calibrate consumer preferences over different
types of goods, represented by ωcs, which indicates the proportions of sectoral consump-
tion within private consumption. Furthermore, the weights of sectoral production in total
output, denoted by ωys, measure the relative significance of different sectors in the overall
economic output. We also calibrate the sector-specific shares of intermediate inputs and
labour in the value-added component of the production function using the value-added
panel of the input-output table. The computation of sectoral weights for intermediate
input (1−ζs) involves dividing the aggregate costs of intermediate inputs by total output.
Simultaneously, using the value-added component for labour, we calculate the weight of
labour in the value-added bundle (1−αs). The residual portion of output is consequently
ascribed to the sphere of capital input costs. Moreover, we can compute sector-specific
carbon intensities to find the values for νs, which in the data and the model are expressed
in megatons of carbon per trillion euro of sector-specific output.5

We incorporate the use of capital goods alongside standard intermediate goods in
the production process. In this context, alterations impacting the suppliers of investment
goods propagate through the investment matrix, ωisr. Additionally, unlike the interactions
through intermediate inputs, these effects are enduring as they influence the dynamics
of capital accumulation within the economy. Although the FIGARO input-output tables
cover a wide array of services as intermediate inputs, they typically lack disaggregated
data on the investment (capital) inputs needed by each industry, such as machinery and
buildings used in production. Instead, capital use is provided at an aggregate level in
these tables through two metrics: gross fixed capital formation (GFCF) and consumption

5We focus exclusively on output-based emissions due to the lack of access to sectoral data on Scope 3
emissions that would be needed to compute input-based emissions. Additionally, Scope 3 emissions data
is known to be of inferior quality and thus it is prudent to only use output-based emissions (Scope 1
emissions). Moreover, emissions in the literature are mostly computed in this way or based on the use
of brown energy goods. Since we do not model energy goods explicitly, the latter option is not suitable
in our case and we proceed with using output-based emissions.
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of fixed capital (CFC). In order to calibrate the investment matrix, ωisr, we follow Söder-
sten et al. (2018a) and Södersten et al. (2018b). This approach leverages sector-specific
capital utilisation data from the EU KLEMS database and supplements it with the sym-
metric 200x200-product input-output table from the EXIOBASE database.6 We utilise
the capital use matrix developed by Wood and Södersten (2022), which integrates EX-
IOBASE products with EU KLEMS capital types to align with the consumption of fixed
capital (CFC) across industries. We match EXIOBASE products with the industries of
interest and calculate the weights of each capital input within the production function of
each sector. Tables E.2, E.3, and E.4 report the full set of production network parameter
values for the 37-sector economy.

We categorise the considered sectors based on their greenhouse gas (GHG) emissions
using the EU taxonomy, designating high-emission sectors as ‘brown’ and the remain-
ing sectors as ‘green’. Table E.5 displays the classification of sectors as either brown or
green within our 37-sector economy at the NACE-1 and NACE-2 levels and reports the
proportion of brown intermediate inputs relative to the total intermediate inputs used in
the production processes.7 The data highlights that brown sectors exhibit a notable pref-
erence for brown intermediate inputs in their production processes. Notably, the sector
with the highest ratio is Electricity, Gas, Steam, and Air Conditioning Supply (D35) at
81%, closely followed by Manufacture of Basic Metals (C24), Manufacture of Paper and
Paper Products (C17), and Manufacture of Food Products; Beverages and Tobacco Prod-
ucts (C10–C12). On the other hand, this ratio is low for green sectors such as Financial
Services and Insurance Activities (K), as well as Legal and Accounting Activities; Activi-
ties of Head Offices; and Management Consultancy Activities (M). One has to be careful
when interpreting these values, as they represent the direct utilisation of intermediate
goods. These values could potentially differ and increase due to the indirect utilisation
of brown inputs resulting from the cascading structure of the production process. As
reported in Table E.2, we choose the same climate change damage function parameter
across all sectors and set it to a value of 1 ·10−8 so that the steady-state economic damage
in all sectors is of magnitude roughly equal to 0.7%, given the stock of carbon emissions
that results from all other parameter choices.

Other parameters are sourced from the literature and calibrated to mostly conven-
tional parameters. The elasticity of substitution between inputs across sectors θ is cali-

6EU KLEMS is an industry level, growth, and productivity research project. EU KLEMS stands for
EU level analysis of capital(K), labour (L), energy (E),materials (M), and services (S) inputs. EXIOBASE
is a very detailed supply-use table, structured with a classification of 163 industries and 200 products.

7According to the EU Sustainable Finance Taxonomy, the sectors with the highest GHG are: Agricul-
ture, Forestry, and Fishing (A), Mining and Quarrying (B), Manufacturing (C), Electricity, Gas, Steam,
and Air Conditioning Supply (D), Water Supply, Sewerage, Waste Management, and Remediation (E),
Construction (F), Transportation and Storage (H), Information and Communication (J) and Real Es-
tate Activities (L). These sectors account for 93.2% of GHG emissions from production processes for the
EU-28 in 2017.
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Table 1: Model parameters

Symbol Value Description

f 0.5 Frisch elasticity of labour supply
χ 0.19118 Scale parameter for utility from leisure
β 0.9955 Time discount factor
ψ 0.5 Elasticity of intertemporal substitution

θℓs 6 Elasticity of substitution between differentiated labour types
κℓs 0.75 Calvo wage setting parameter
θ 6 Elasticity of substitution between inputs across sectors
κs 0.75 Calvo price setting parameter in all sectors

γs 2 Elasticity of substitution between capital and labour in all sectors
σs 0.6 Elasticity of substitution between value-added and intermediate inputs in all sectors
δs 0.04 Depreciation rate of private capital in all sectors
ξs 10 Capital adjustment cost elasticity in all sectors
δp 0.04 Depreciation rate of public capital

ā 0.36022 Steady-state log total factor productivity in all sectors
ūs 1 Steady-state capital utilisation rate in all sectors

ρu 0.8 Persistence of all sector-specific capital utilisation shocks
ρa 0.8 Persistence of all sector-specific technology shocks
ρi 0.8 Persistence of monetary policy adjustments
ρcτ 0.8 Persistence of all sector-specific consumption tax rate shocks
ρcτ 0.8 Persistence of all sector-specific intermediate inputs tax rate shocks
ρiτ 0.8 Persistence of all sector-specific investment tax rate shocks
ρFτ 0.8 Persistence of all sector-specific carbon tax rate shocks
ρ∆ 0.8 Persistence of all sector-specific absconding rate shocks
ρbg 0.8 Persistence of public green bond issuance shock
ρcb 0.8 Persistence of all central bank QE shocks

σu 0 Volatility of all sector-specific capital utilisation shocks
σa 0.035 Volatility of all sector-specific technology shocks
σi 0.001 Volatility of monetary policy adjustments
σc
τ 0 Volatility of all sector-specific consumption tax rate shocks
σz
τ 0 Volatility of all sector-specific intermediate inputs tax rate shocks
σi
τ 0 Volatility of all sector-specific investment tax rate shocks

σF
τ 0 Volatility of all sector-specific carbon tax rate shocks
σ∆ 0 Volatility of all sector-specific absconding rate shocks
σbg 0 Volatility of public green bond issuance shock
σcb 0 Volatility of all central bank QE shocks

ḡ 0.20 Public consumption to GDP ratio
ρby 0.9873 Persistence of public general bonds to GDP ratio deviations
ϕby 0.0025 Adjustment speed of public general bonds to GDP ratio to the output gap
τW 0.3663 Implied steady-state labour income tax rate

θb 0.974 Bank survival probability
φ 0.006 Size of bank start-up fund
χs 22.5 Fraction of investment expenditure financed by loans in all sectors
∆bb 2/3 · 0.55 Absconding rate adjustment factor for public general bonds
∆bg 0.5 · 0.55 Absconding rate adjustment factor for public green bonds

Π̄ 1 Steady-state gross inflation
ϕπ 1.50 Weight of inflation gap in the Taylor rule
ϕy 0.25 Weight of output gap in the Taylor rule

δm 0.0021 Carbon decay parameter
ι2s 4 Abatement investment parameter 1 in all sectors
ι3s 2.6 Abatement investment parameter 2 in all sectors

τ̄cs 0.25 Steady-state consumption tax rate in all sectors
τ̄zs 0.25 Steady-state intermediate inputs tax rate in all sectors
τ̄Fs 2e-5 Steady-state carbon tax rate in all sectors
τ̄is 0 Steady-state investment tax rate in all sectors
∆̄s 0.55 Steady-state absconding rate in all sectors
s̄cbb 0 Steady-state public general bonds holdings of the monetary authority
s̄cbg 0 Steady-state public green bonds holdings of the monetary authority

s̄cbℓ,s 0 Steady-state corporate loan holdings of the monetary authority in all sectors

Notes: This table reports both conventional values from the literature and data-implied values for the
parameters of our benchmark calibration of the model, described in Section 2. Values for the sector
specific parameters are provided in Tables E.2, E.3, and E.4.

brated to be 6 which implies a monopoly markup µ of 20% for intermediate goods firms.
The Calvo price setting probability is set to 25%, which implies κs = 0.75, or an av-
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erage price-setting frequency of four quarters in all sectors.8 For simplicity, the labour
unions’ mark-ups and wage-setting frequencies are set to the same values, i.e. θℓs = 6

and κℓs = 0.75. The Taylor rule weights for inflation and output gap are chosen to be
ϕπ = 1.5 and ϕy = 0.25, while the persistence of monetary policy adjustments is equal
to ρi = 0.8. The persistence parameters of all other shocks are set for simplicity to the
same value, i.e. ρu = ρa = ρcτ = ρzτ = ρiτ = ρFτ = ρ∆ = ρbg = ρcb = 0.8. Moreover,
there is no steady-state inflation in the model, i.e. steady-state gross quarterly inflation
is Π̄ = 1. All these parameters are used widely in the literature, see for a recent example
Sims and Wu (2021). The time discount factor is slightly higher than in Sims and Wu
(2021) and chosen to be β = 0.9955, implying an annual log nominal interest rate of
roughly 1.8 percentage points. The Frisch elasticity of labour supply f is chosen to be
0.5, in line with well-known models of the euro area such as the New-Area-Wide model
(Coenen et al., 2007; Christoffel et al., 2008; Coenen et al., 2023) or the EAGLE model
(Gomes et al., 2010; Bokan et al., 2018). The scale parameter for utility from leisure time
is chosen to induce a steady-state labour demand by firms of 1, while the elasticity of
intertemporal substitution is set to the conventional value of ψ = 0.5.

The capital depreciation rates in all sectors are set to a quarterly value of 0.04 to
produce a reasonable aggregate investment to GDP ratio, relative to the empirical euro
area counterpart for the period 1999–2023. For simplicity, the public green capital depre-
ciation rate δp is set to the same value. The capital adjustment cost elasticities are set to
ξs = 10 to feature a relatively swift response of investment to capital utilisation shocks
or other economic shocks in order to produce substantial investment growth volatility.
The elasticities of substitution between value-added and intermediate inputs and between
capital are set to γs = 2 and σs = 0.6, so that it is assumed that it is easier to substitute
between capital and labour than it is between value-added and intermediate inputs. The
steady-state log total factor productivity in all sectors ā is implied by requiring that ag-
gregate output Yt is equal to 18.42/4, which is euro area GDP in trillion euro in 2019,
computed by taking the sum of output values of all sectors using our sector-specific data,
divided by 4 since the model features quarterly frequency. This is needed to ensure that
the carbon tax rates can be measured in a meaningful way (i.e. trillion euro per megatons
of carbon) and that the emission intensities νs correspond to the data counterparts.

In the banking sector, the bank survival probability is equal to 0.974, as in Carattini
et al. (2024) and close to the value chosen by Gertler and Karadi (2013). The size of
the bank start-up fund is chosen so that the model reproduces the bank leverage ratio

8For our results, using different price-setting frequencies for different sectors does not seem to matter
much quantitatively. Using unreported results, we establish this finding. In these additional unreported
simulations, we set the price-setting frequencies to the ones chosen by Hinterlang et al. (2022), where
we average their price-setting frequencies at the NACE 2 level for which we only use the corresponding
NACE 1 level sector in our economy. These additional results are not reported to conserve space but
available upon request from the authors.
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in euro area data, while the fraction of investment expenditures financed by loans in all
sectors is set to χs = 22.5 in order to match the aggregate loan to annualised GDP ratio
in the data. In order to let the model reproduce the average corporate loan interest rates
in euro area data, the steady-state absconding rates in all sectors are set to ∆̄s = 0.55.

The abatement investment parameters are set to ι2s = 4 and ι3s = 2.6, where the
second parameter choice follows Benmir and Roman (2022). The steady-state carbon tax
rate is set to 20 euro per ton of carbon, which implies setting τ̄Fs = 2e-5 as the carbon
tax rates are measured in trillion euro per megatons of carbon. The consumption and
intermediate inputs tax rates are set to 25% and the investment tax rates to 0 which
implies a steady-state labour income tax rate of 36.63%. Also in line with the data and
a conventionally used value is the calibrated public consumption to GDP ratio of 20%,
i.e. ḡ = 0.2. The fiscal rule features a large persistence of ρby = 0.9873 and a moderate
adjustment speed of public general bonds to GDP to the output gap of ϕby = 0.0025. The
absconding rates of public general bonds and public green bonds are set to two thirds
and one half of the value for corporate loans, respectively.

Finally, we assume that the monetary authority holds 10% of all corporate loans
outstanding in all sectors.

Table 1 reports all the aggregate parameter values and sectoral parameters set to the
same value in all sectors along with their corresponding descriptions.

Before using the model for policy analysis, we simulate the model and compute sev-
eral moments to compare them to their empirical counterparts from euro area data
for the period 1999–2023. Table 2 reports the results. The model almost reaches the
empirical counterpart for the aggregate investment to GDP ratio, where aggregate in-
vestment in the model is defined by It =

∏S
s=1(ωys)

−ωys(Is,t)
ωys , similar to aggregating

sectoral outputs to aggregate GDP, and the aggregate (nominal) investment price by
P i
t =

∏S
s=1(P

i
s,t)

ωys . Similarly, we define Zt =
∏S

s=1(ωys)
−ωys(Zs,t)

ωys , P z
t =

∏S
s=1(P

s
t )
ωys ,

Gt =
∏S

s=1(ωgs)
−ωgs(Gs,t)

ωgs , and P g
t =

∏S
s=1(P

s
t )
ωgs , where the corresponding ratios to

GDP are reasonably well reproduced by the model. The average nominal loan interest
rates across sectors are also well matched, while the model’s nominal risk-free rate and
deposit interest rate are higher than in the data. The aggregate loan to annualised GDP
ratio is very well reproduced by the model, as is the bank leverage ratio. Turning to
second moments, the model does well in reproducing GDP growth rate volatility, real
loan interest rate volatility, and real deposit interest rate volatility, but produces too
little aggregate consumption growth rate volatility and aggregate investment growth rate
volatility.
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Table 2: Simulated model moments and data counterparts

Moment Description Model Data

E[it] Log nominal risk-free rate 1.80 0.92
E[Ri

g,t] Log nominal green corporate loan interest rate 3.19 3.34
E[Ri

b,t] Log nominal brown corporate loan interest rate 3.19 3.34
E[Rd

t ] Log nominal deposit interest rate 1.80 0.45

E
[pi

tIt
Yt

]
Aggregate investment to GDP ratio 17.45 21.10

E
[pg

tGt

Yt

]
Aggregate public consumption to GDP ratio 20.00 20.58

E
[pz

tZt+pc
tCt

Yt

]
Aggregate intermediate input and consumption to GDP ratio 69.71 54.79

E
[

ℓt
4Yt

]
Aggregate loan to annualised GDP ratio 103.43 104.30

E
[ ℓpt
nwt

]
Bank leverage ratio 4.59 4.57

σ(∆yt) Log GDP growth rate volatility 2.12 2.05
σ(∆ct) Log aggregate consumption growth rate volatility 1.40 2.30
σ(∆it) Log aggregate investment growth rate volatility 2.58 4.36

σ(rig,t) Log real green corporate loan interest rate volatility 1.85 2.29
σ(rib,t) Log real brown corporate loan interest rate volatility 1.85 2.29
σ(rdt ) Log real deposit interest rate volatility 1.90 2.02

Notes: This table reports the simulated model moments and the corresponding euro area data coun-
terparts for the period 1999–2023 (see Appendix F for the data details) for a variety of macroeco-
nomic variables. The model moments have been obtained from a stochastic simulation of the model for
100000 periods (quarters) using a first-order perturbation approximation in dynare (version 4.5.4). All
moments are annualised and reported in percentage points.

4 Analysis

In this section, we study the equilibrium effects of various shocks that are expected to
either affect a brown aspect of the economy negatively or a green aspect positively.

The results are presented by means of constructing impulse response functions to
a one-time shock in period 1 in one or several exogenous processes. The shocks are
persistent with persistence parameter 0.8 and will thus affect the economy beyond the
initial effect for several periods significantly. We depict 40 periods where the model
is initially (period 0) in the steady state, the shocks occur in period 1, and then no
further shock is fed into the model afterwards. For the definition of the variables in the
impulse response functions, we define the followings subsets of sectors: Sg (Sb) is the
subset of green (brown) sectors in our 37-sector economy, as specified in Table E.2. The
variables depicted in each set of graphs are: (A) aggregate final goods output (GDP)
Yt; (B) aggregate consumption Ct; (C) aggregate inflation Πt; (D) aggregate carbon
emissions Et; (E) bank leverage ratio LEVt = (nwt)

−1
(
bpb,t+1 + bpg,t+1 +

∑S
s=1 ℓ

i,p
s,t+1

)
as

a measure for inverse financial stability; (F) real average wage wt; (G) the nominal
interest rate it; (H) the real interest rate rt; (I) final goods output of the brown sectors
Yb,t =

∑
s∈Sb Ps,tY̊s,t; (J) final goods output of the green sectors Yg,t =

∑
s∈Sg Ps,tY̊s,t;
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(K) consumption of the brown sectors’ goods Cb,t =
∑

s∈Sb Ps,tCs,t; (L) consumption of
the green sectors’ goods Cg,t =

∑
s∈Sg Ps,tCs,t; (M) labour demand by the brown sectors

Ldb,t =
∑

s∈Sb Ls,t; (N) labour demand by the green sectors Ldg,t =
∑

s∈Sg Ls,t; (O) capital
investment by the brown sectors Ib,t =

∑
s∈Sb P

i
s,tIs,t; (P) capital investment by the green

sectors Ig,t =
∑

s∈Sg P
i
s,tIs,t; (Q) real brown sectors’ loan stock ℓb,t =

∑
s∈Sb ℓs,t; (R) real

green sectors’ loan stock ℓg,t =
∑

s∈Sg ℓs,t; (S) average nominal corporate loan interest rate
in the brown sectors Ri

b,t = 1/Yb,t ·
∑

s∈Sb Ps,tY̊s,tR
i
s,t; and (T) average nominal corporate

loan interest rate in the green sectors Ri
g,t = 1/Yg,t ·

∑
s∈Sg Ps,tY̊s,tR

i
s,t.

We discuss scenarios related to financial regulation and fiscal policy in the following
sections, while some additional scenarios are reported in Appendix G that are not the
focus of this paper; however, these scenarios have been studied in our previous paper that
does not feature a banking sector (Grüning and Kantur, 2023). In particular, the effects
of shocks to capital utilisation rates and the increase in the consumption tax in brown
sectors are reported in Appendix G.

4.1 Financial regulation scenarios

Financial regulation plays a critical role in addressing climate change by influencing the
allocation of capital between green and brown sectors. In this part, we consider two
distinct scenarios as financial regulation. Changes in the absconding rate for brown
and green loans can significantly impact the cost of borrowing and investment decisions.
For instance, an increase in the absconding rate for brown sector loans raises their risk
weight, making them more expensive and thereby discouraging investment in carbon-
intensive projects. Conversely, reducing the absconding rate for green sector loans makes
green investments cheaper and more attractive. Additionally, we examine the impact of
regulatory measures such as Green Quantitative Easing (QE) and Brown Quantitative
Tightening (QT). These unconventional monetary policy tools can further shape financial
flows. Green QE involves central banks purchasing green assets to stimulate investment
in sustainable projects, while Brown QT entails reducing exposure to carbon-intensive
assets to curb investment in high-emission activities. Together, these regulatory strategies
help steer financial resources toward low-carbon investments, fostering a transition to a
more sustainable economy while mitigating the adverse effects of climate change.

Absconding rate shocks. As households become more concerned about climate change,
they adjust their portfolios toward funds with better climate ratings, such as mutual fund
holdings within the Swedish pension system (Anderson and Robinson, 2019). This shift
in investment behaviour of depositors significantly impacts the banking sectors’ loan sup-
ply preferences. Banks can effectively allocate credit facilities for green energy projects
while limiting loans to capital carbon-intensive projects. By making brown assets more
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expensive, financial flows can be more easily redirected toward projects that support the
transition to a low-carbon economy. In this section, we examine three different scenarios
regarding absconding rate changes, which affect the relative cost of green and brown in-
vestments by improving or deteriorating the quality of the green or brown loan portfolio,
respectively. In the first scenario, we simulate a situation where there is a 4 percentage
points (pps) increase in the absconding rates of the brown sector, leading to an increase
in the risk associated with brown sector investments. Hence, the loans in brown sectors
become more expensive compared to green loans for banks to issue. In the subsequent
scenario, we explore a similar case where there is a 4 pps decline in the absconding rate,
making green loans cheaper. Finally, we analyse a combination of the aforementioned
scenarios. The choice of 4 percentage points is motivated by the fact that a change of
this size in the deterministic state implies a change of the nominal quarterly loan in-
terest rates charged by the banks to firms of 2.5 basis points or, in annual terms, 10
basis points. This size is consistent with empirical evidence, summarised by Dagher et al.
(2016), that a change of 1 percentage point in the bank capital requirement implies a
change of 1–20 basis points in annual loan interest rates, implying that the mid-point of
these estimates is 10 basis points.

Figure 2 depicts all the impulse response functions for these three scenarios. The black
solid lines depict the exogenous increase in the absconding rate of the brown sector, while
the blue dashed lines represent the decline in the absconding rate of the green sector. The
magenta dash-dotted lines illustrate the combination of these two scenarios.

In the first case, a 4 pps increase in the absconding rate leads to a higher risk-weight
assigned to brown sector loans, thereby discouraging investments in carbon-intensive
sectors. Hence, loans, investment, and output in the brown sector decline (Panels Q, O,
and I). Due to the interconnected nature of intermediate input and investment networks,
this downturn in the brown sectors also impacts the green sectors, leading to a reduction
in green output (Panel J) and, subsequently, in aggregate output (Panel A). In the
short run, this scenario leads to a decrease in inflation (Panel C). However, as monetary
policy responds with expansionary measures (Panel G), inflation rises in the medium
term. The initial increase in real interest rates causes a decline in both sector-specific
and aggregate consumption in the short run (Panels K, L, and B). While consumption
rebounds following the monetary policy adjustments, a negative income effect results in
a subsequent decline in the medium run. Emissions decrease due to the overall decline
in output (Panel D). However, there is no significant transition to a greener economy in
terms of production, given the investment and intermediate input linkages among sectors.
For financial stability, we see an improvement (Panel E), since bank leverage decreases by
0.1 from a steady-state level of around 4.6. This might not sound much but roughly equals
the quarterly standard deviation of the empirical counterpart for the period 2015–2023
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Figure 2: Impulse response functions – absconding rate shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous changes in absconding rates. The
black solid lines correspond to the simulation that sees an exogenous increase of 4 percentage points in
the absconding rates of the brown sectors, while the blue dashed lines depict the economic effects of an
exogenous decrease of 4 percentage points in the absconding rates of the green sectors in period 1. Finally,
the magenta dash-dotted lines correspond to a combination of the two aforementioned simulations. A
4 percentage points change in the absconding rate is equivalent to a 2.5 basis points change (i.e. 10 basis
points annually) in the loan interest rate in the steady state.

(the exact value of this standard deviation is 0.12).9 Hence, the reduction in our model

9Since the bank leverage ratios in the euro area have decreased significantly after the Global Financial
Crisis, we compute the standard deviation only from the first quarter of 2015 onward as since then the
leverage ratio has fluctuated around 4, while the average level was around 5 for the period 1999–2014.
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equals a one standard deviation shock, which is an economically significant improvement
in financial stability.

In the second case, we examine the opposite situation in which the risk-weight assigned
to the green sector loans falls. As a result, the cost of green loans becomes lower, leading to
an increase in demand for green loans. The resulting boost in green investment (Panel P)
drives up green output (Panel J). Since green production relies on brown intermediate
inputs and investment goods, the increased demand for green output subsequently raises
the demand for brown output (Panel I), leading to a modest rise in brown loans and
investment (Panels Q and O). The overall increase in output from both sectors contributes
to a rise in aggregate output (Panel A). In the medium run, inflation falls due to a
monetary policy tightening (Panels C and G). In the short run, both sector-specific and
aggregate consumption levels decline as a result of tighter monetary policy (Panels K, L,
and B) . However, as the real average wage rises, the income effect ultimately leads to an
increase in consumption levels. Although this scenario leads to a greater increase in green
investments compared to brown investments, the high dependence of green production
on brown inputs drives up the demand for brown goods and, consequently, output. As
a result, we observe an increase in emissions, indicating that, from an environmental
perspective, the overall impact remains unfavourable (Panel D). In addition, financial
stability considerably worsens since banks see an increase in their leverage ratio by about
0.12 initially.

In our final case, we examine scenarios where brown investments become more ex-
pensive while green investments become cheaper. This dynamic leads to an increase in
green loans and a decrease in brown loans, fostering a transition from brown to green in-
vestments (Panels O and P). Consequently, capital allocation shifts from brown to green
sectors. However, the impact on sector-specific and aggregate output levels remains lim-
ited due to the insufficient increase in brown intermediate inputs used by the green sector.
As a result, the shift in output is not substantial, with only a modest rise in aggregate
output. In response, monetary policy adjusts by raising interest rates slightly (Panel G),
leading to lower aggregate consumption (Panel B). Despite these adjustments, emissions
remain unchanged because the overall output levels are not significantly impacted by the
changes in the absconding rate (Panel D) and also bank leverage hardly reacts (Panel E).

QE and QT policies. In this analysis, we focus on the role of central banks in the
decarbonisation process and consequences of central banks actions for macro-financial sta-
bility. We investigate whether central banks can effectively contribute to the transition to
a low-carbon economy through Green QE (or Brown QT). This approach involves shifting
monetary authorities’ holdings of privately-issued financial assets towards the green sec-
tors of the economy. In this context, we conduct three experiments with unconventional
monetary policy tools, as illustrated in Figure 3. In the first scenario, represented by the
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black solid lines, the central bank initiates a Green QE programme by purchasing an ad-
ditional 5% of the outstanding corporate bonds in the green sectors. The second scenario,
illustrated with blue dashed lines, depicts the impact of Brown QT, where the central
bank reduces its brown sector corporate bonds holdings by 5% of the total outstanding
amounts in the economy. Finally, the effects of combining both scenarios are depicted
using magenta dash-dotted lines. This scenario is akin to a portfolio rebalancing of the
central bank, i.e. a shift from brown to green assets.

In the first scenario, the monetary authority purchases green corporate bonds, exert-
ing downward pressure on green bond yields and thereby reducing the green loan costs
for banks. This leads to a significant increase in loans to the green sectors (Panel R),
followed by a rise in investment expenditures (Panel P) and green output (Panel J). Due
to the interconnected nature of capital and intermediate inputs in the production of final
and investment goods, we also observe an increased demand for brown investment goods
(Panel O) and output (Panel I), accompanied by a simultaneous rise in loans in the brown
sector (Panel Q). Consequently, aggregate output increases due to the expansionary na-
ture of the QE policy, which in turn leads to higher emissions (Panel D). We observe an
immediate fall in the real risk-free rate, followed by a rise in the medium run (Panel H).
As a direct response to the initial drop in real interest rates, sector-specific consumption
levels rise but subsequently decline as real interest rates adjust. However, the positive in-
come effect causes sector-specific and aggregate consumption levels to increase once again
in the medium run. The effect on bank leverage is mixed with a decline in the short run
of maximum 0.05 (or half an empirical standard deviation) and a small increase in the
medium to long run (Panel E).

In the second scenario, we examine the case where the central bank sells 5% of the out-
standing corporate bonds issued by brown sectors from its balance sheet. The responses
to this shock are symmetric to those observed in the first scenario. As the central bank
offloads brown corporate bonds, there is upward pressure on brown bond yields, increas-
ing the brown loan costs. Consequently, loans to the brown sectors decrease significantly,
leading to a reduction in brown investment expenditures and brown output (Panels O
and I). This contraction in brown sector activity causes a decline in the demand for green
investment goods and output, resulting in a simultaneous decrease in green loans, green
investment, and green output. Aggregate output falls due to the contractionary nature
of the QT policy, leading to a decrease in emissions. Inflation falls initially in response
to the contractionary policy but increases in the medium run following the adjustment
of interest rates. The nominal risk-free rate rises initially but falls in the medium run.
Sector-specific and aggregate consumption levels decline immediately due to the increase
in the real risk-free rate, but they rise again in the medium run due to the positive income
effect, leading to an overall increase in sector-specific and aggregate consumption. Due
to the economic contraction, the consumption levels finally decrease in the longer run.
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Figure 3: Impulse response functions – QE/QT shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for QE and QT shocks by the monetary authority
in period 1. For the black solid lines, the central bank buys an additional 5% of the outstanding corporate
bonds in the green sectors to implement a Green QE programme. For the blue dashed lines, the central
bank sells 5% of the outstanding corporate bonds in the brown sectors that are on its balance sheet,
i.e. a brown QT shock. The magenta dash-dotted lines combine the aforementioned Green QE and the
Brown QT shocks.

As a final case, we combine the aforementioned policies to reinforce the impact of
transitioning to a greener economy. Specifically, the central bank implements both Green
QE and Brown QT simultaneously. The intention is to amplify the shift from brown to
green investments by both promoting green bond purchases and reducing brown bond
holdings. However, due to the strong interlinkages between the sectors, the effects of QE
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and QT are found to be symmetric and the responses counterbalance each other. This
results in a net neutral impact on the overall economy, as the expansionary effects of
Green QE are offset by the contractionary effects of brown QT. It is worth mentioning
that the timing and context of these policies also play a critical role. QE is typically
implemented and more effective during periods when the zero lower bound constrains
conventional monetary policy, aiming to stimulate the economy by lowering long-term
interest rates and encouraging investment. In contrast, QT is generally executed when
the monetary policy rate is already positive, intending to tighten monetary conditions
by raising long-term interest rates and curbing investment. The simultaneous implemen-
tation of these policies in our analysis highlights the complex interactions within the
economy and underscores the importance of considering sectoral interdependencies and
the broader economic context when designing and deploying such policies. As a final
remark, while the combined approach theoretically aims to accelerate the transition to
a greener economy, the practical outcome is less effective due to the canceling effects of
the policies. This highlights the need for an understanding of the economic environment
and the timing of policy implementation to achieve the desired objectives in promoting
sustainable growth. As with combined absconding rate shocks, in the combined QE/QT
scenario bank leverage or financial stability is not significantly affected.

It is worth mentioning at this point that we find rather large economic effects of bank
regulation shocks, i.e. absconding rate shocks in our model, and QE/QT shocks relative
to several notable contributions in the literature (Benmir and Roman, 2022; Abiry et al.,
2022; Ferrari and Nispi Landi, 2024; Giovanardi and Kaldorf, 2024). To be sure that
this is not due to the large amount of loans the firms have to take (i.e. 22.5 times their
investment expenditure), we have simulated the aforementioned absconding rate and
QE/QT scenarios also when χs = 1 for all s = 1, . . . , S, i.e. when firms only have to take
loans in the exact amount of their investment expenditures. The effects become smaller
but only by a relatively small margin.10 Thus, the large effects we find are probably due
to the multi-sector framework we employ as the aforementioned studies employ one- or
two-sector models to study the effects of non-standard climate change policies like bank
regulation and monetary policies.

4.2 Fiscal policy scenarios

In the previous section, we have explored the impact of financial regulation scenarios
on both macro-financial stability and environmental dynamics. In this section, we shift
our focus to fiscal policy scenarios, examining three distinct cases. First, we analyse
the effect of an increase in the carbon tax on the economy, considering various forms
of revenue recycling such as transfers to households, investment subsidies to the green

10To conserve space, these results are not shown but available from the authors upon request.
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sectors, and investments in building public green capital. Next, we compare the responses
to a standard positive technology shock in green sectors with those observed when the
government boosts the productivity of the green sector by building green public capital,
financed through the issuance of green public bonds. Finally, we explore the impact of
investment tax shocks in the brown sectors and investment subsidy shocks in the green
sectors.

Carbon tax and revenue recycling. First, we analyse the impacts of increasing car-
bon taxes, a direct approach to addressing environmental concerns and a crucial element
of sustainable development. Figure 4 illustrates the impulse response functions for an
exogenous increase in the carbon tax by 20 euro per ton of carbon, effectively doubling
the tax from 20 to 40 euro for all sectors starting in period 1. In our analysis, we consider
various forms of revenue recycling in conjunction with the carbon tax policy, including
lump-sum transfers to households (black solid lines), investment subsidies to the green
sectors (blue dashed lines), and investments in public green capital (magenta dash-dotted
lines).11

Since the carbon tax increase leads to larger costs in all sectors and in particular for
sectors with high emission intensities (the brown sectors), output declines are observed
in both green and brown sectors. Due to the green sectors requiring inputs also from
the brown sectors, the decline in the green sectors is not significantly smaller than in the
brown sectors. Inflation rises due to the tax shock, which in turn leads to an increase in
nominal interest rates. As a result, consumption levels fall significantly. Consequently,

11For carbon tax recycling in the form of investment subsidies to the green sectors, remove Tt from
the household budget constraint (7). Additionally, the exogenous processes for the capital investment
taxes in the green sectors (Equation 110 for those sectors s that are classified as green in Table E.2)
are removed from the system of equations and replaced by the following endogenous termination of the
capital investment tax rates in the green sectors:∑

s∈Sg

[τ is,tP
i
s,tIs,t] = −Tt,

τ ij,t = τ ik,t, ∀ j ̸= k ∈ Sg,

where Sg (Sb) are the subsets of green (brown) sectors in our 37-sector economy. Finally, the government
budget constraint (99) is replaced by the following version (Tt added to the right hand side):

Rbb,t−1Bb,t+R
b
g,t−1Bg,t+

S∑
s=1

Gs,t = Tcb,t+Tt+Bb,t+1+Bg,t+1+τ
W
t

S∑
s=0

Ws,tL
d
s,t+

S∑
s=1

[
τcs,tPs,tCs,t + τ is,tP

i
s,tIs,t + τzs,tP

s
t Zs,t

]
.

For carbon tax recycling in the form of investments in public green capital, the model is modified as
follows. Remove Tt from the household budget constraint (7), add the carbon tax revenue in sector s,
i.e. τFs,tνs(1 − ψA

s,t)Y̊s,t, to the right-hand side of the sectoral resource constraint (120), and replace the
equation for public green capital accumulation (102) by the following one:

Kp
g,t+1 = (1− δp)K

p
g,t + bg,t+1 + Tt.
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we observe a decline in emissions due to the overall reduction in production prompted by
the carbon tax increase and the increase in abatement efforts.

Figure 4: Impulse response functions – carbon tax shock and type of revenue recycling
A: Yt B: Ct C: Πt D: Et

0 5 10 15 20 25 30 35 40

-0.4

-0.2

0

0.2

0.4

0.6

0.8

1

1.2

1.4
Aggregate output, %

0 5 10 15 20 25 30 35 40

-1

-0.8

-0.6

-0.4

-0.2

0

0.2
Aggregate consumption, %

0 5 10 15 20 25 30 35 40

-0.1

0

0.1

0.2

0.3

0.4

0.5
Inflation, %

0 5 10 15 20 25 30 35 40

-3

-2.5

-2

-1.5

-1

-0.5

0

0.5
Emissions, %

E: LEVt F: wt G: it H: rt

0 5 10 15 20 25 30 35 40

-0.07

-0.06

-0.05

-0.04

-0.03

-0.02

-0.01

0

0.01
Bank leverage, abs. dev.

0 5 10 15 20 25 30 35 40

-0.1

0

0.1

0.2

0.3

0.4

0.5
Wage, %

0 5 10 15 20 25 30 35 40

-0.1

-0.05

0

0.05

0.1

0.15

0.2

0.25

0.3

0.35
Nominal risk-free rate, pp

0 5 10 15 20 25 30 35 40

-0.5

-0.4

-0.3

-0.2

-0.1

0

0.1

0.2
Real risk-free rate, pp

I: Yb,t J: Yg,t K: Cb,t L: Cg,t

0 5 10 15 20 25 30 35 40

-0.4

-0.2

0

0.2

0.4

0.6

0.8

1

1.2

1.4

1.6
Brown sector's output, %

0 5 10 15 20 25 30 35 40

-0.4

-0.2

0

0.2

0.4

0.6

0.8

1

1.2
Green sector's output, %

0 5 10 15 20 25 30 35 40

-0.7

-0.6

-0.5

-0.4

-0.3

-0.2

-0.1

0

0.1

0.2
Brown sector's good consumption, %

0 5 10 15 20 25 30 35 40

-0.7

-0.6

-0.5

-0.4

-0.3

-0.2

-0.1

0

0.1

0.2
Green sector's good consumption, %

M: Ld
b,t N: Ld

g,t O: Ib,t P: Ig,t

0 5 10 15 20 25 30 35 40

-1

-0.5

0

0.5

1

1.5

2

2.5

3

3.5

4
Labor hired by brown sector, %

0 5 10 15 20 25 30 35 40

-2

-1.5

-1

-0.5

0

0.5

1

1.5

2

2.5

3
Labor hired by green sector, %

0 5 10 15 20 25 30 35 40

-16

-14

-12

-10

-8

-6

-4

-2

0

2
Capital investment, brown sector, %

0 5 10 15 20 25 30 35 40

-5

0

5

10

15

20

25
Capital investment, green sector, %

Q: ℓb,t R: ℓg,t S: Ri
b,t T: Ri

g,t

0 5 10 15 20 25 30 35 40

-18

-16

-14

-12

-10

-8

-6

-4

-2

0

2
Loans, brown sector, %

0 5 10 15 20 25 30 35 40

-2

0

2

4

6

8

10

12

14
Loans, green sector, %

0 5 10 15 20 25 30 35 40

-0.1

-0.05

0

0.05

0.1

0.15

0.2

0.25

0.3

0.35
Nominal loan interest rate, brown sector, pp

0 5 10 15 20 25 30 35 40

-0.1

-0.05

0

0.05

0.1

0.15

0.2

0.25

0.3

0.35
Nominal loan interest rate, green sector, pp

Notes: This figure depicts impulse response functions for an exogenous increase in the carbon tax equal
to 20 euro per ton of carbon (i.e. a doubling of the carbon tax from 20 to 40 euro) in all sectors in period
1. The black solid lines correspond to carbon tax revenue recycling in the form of a lump-sum transfer
to households, the blue dashed lines to carbon tax revenue recycling in the form of investment subsidies
to the firms in the green sectors, and the magenta dash-dotted lines to carbon tax revenue recycling in
the form of investment in public green capital.

The form of revenue recycling significantly influences the magnitude of the responses
to the carbon tax increase. While the general impact pattern of the carbon tax remains
similar across different revenue recycling scenarios, several distinctions should be empha-
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sised. Firstly, emission responses are qualitatively consistent across the three revenue
recycling scenarios, with all policies yielding environmental improvements. However, due
to the positive output effect of using the carbon tax revenues for building public green
capital, the emissions decline is much smaller with this recycling scheme in place. Under
the case where carbon tax revenue is used as a green investment subsidy, the responses of
green and brown investments differ markedly compared to other scenarios. This results
in increased loan demand in the green sectors and decreased loan demand in the brown
sectors. Additionally, the negative output response can be overturned, at least in the
short run. The investment subsidies lead to increased production of green goods which
spills over to the brown sectors due to the input-output linkages. Consequently, both
aggregate and sectoral consumption levels drop significantly compared to the other cases
due to improved investment opportunities in the green sectors, prompting substitution
incentives from consumption to investment, and the inflation surge. Similarly, utilising
tax revenue to build green public capital emerges as the most effective policy in terms
of output and inflation dynamics. In this scenario, there in an increase in output over
the whole impulse response function horizon, inflation decreases in the medium run, and
emissions are reduced for most of the impulse response function horizon. In the long run,
the emissions at least do not increase significantly either.

No carbon tax scenario leads to a sizable increase in financial stability risks. With
the lump-sum transfer scheme, bank leverage increases very mildly, but for the other two
schemes we see financial stability improvements.

The possibility to abate emissions for intermediate goods producers present in the
model substantially improves the economy’s ability to reduce emissions in the response
to carbon tax increases. With abatement present, a possible interpretation is that a
fraction ψAs,t of firms in sector s do not produce any emissions while a fraction 1− ψAs,t of
firms produce emissions subject to the sector-specific emissions intensity. Thereby, the
distribution of carbon-neutral and carbon-intensive firms in each sector is endogenous
and some firms in each sector switch to a carbon-neutral firm in response to carbon tax
increases. In Appendix H, we report the effects of the carbon tax increase with different
recycling schemes in the equivalent model where there is no possibility to abate emissions.
We find that the emissions reductions become smaller by about 2% in this case without
a significant effect on the impulse response functions of macroeconomic quantities.

Green technology and green public capital. Technological development, widespread
adoption, and efficient implementation of innovative and environmentally friendly tech-
nologies are crucial elements for a successful transition to a low-carbon economy. In this
analysis, we compare the effects of a standard positive total factor productivity shock in
green sectors with those of an indirect productivity boost achieved through government
investment in green public capital, as shown in Figure 5. Green public capital refers to
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government investments in infrastructure (e.g., updates to electricity distribution net-
works to bring renewable energy from the source to the users) and projects aimed at
enhancing environmental sustainability and reducing carbon emissions. For instance, the
Inflation Reduction Act of 2022 in the United States includes significant provisions for
green public capital investments and seeks to address inflation and promote economic
growth.

Figure 5: Impulse response functions – green technology shock, building public capital
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Notes: This figure depicts impulse response functions for several different shocks in period 1. The
black solid lines depict impulse response functions for an exogenous increase of 3.5 percentage points
in the total factor productivity processes of the green sectors. The blue dashed lines correspond to the
government issuing green public bonds for building public green capital in the amount of 5% of aggregate
private investment.
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The introduction of innovation in the green sectors leads to increased production
only in the medium run. This growth is driven by higher investments across all sectors,
with brown sector investments rising due to the demand for intermediate and capital
inputs within the production network. As a result, loan demand increases in both green
and brown sectors. Initially, there is a reduction in production volumes because fewer
workers are hired in the green sectors as productivity is higher, thus requiring less labour
inputs, and because of the fact that more intermediate inputs cannot be easily purchased
due to supply constraints. However, sector-specific and aggregate consumption levels
increase over the entire horizon, except for the initial few periods. On the inflation front,
aggregate inflation decreases as expected due to the positive supply shock. To maintain
equilibrium, the nominal interest rate decreases, offsetting the impact of reduced inflation
and the initial decline in output. Unfortunately, there is no persistent decline in emissions;
instead, emissions increase in the medium run. This is due to the positive effects of
improved technology in the green sectors, which lead to higher demand for goods as
intermediate and investment inputs from the brown sectors. Financial stability risks are
slightly alleviated in the short to medium run due to the increase in loan amounts. In
Appendix I, we simulate this scenario in a model without input-output linkages in the
intermediate goods sectors and find a more positive effect of the green technology shock,
especially for output.

When technological innovation in the green sector is implemented endogenously through
building green public capital, the responses are notably different (blue dashed lines in Fig-
ure 5). We assume that the government finances the construction of public green capital
by issuing green public bonds. This newly built green public capital directly enhances
the production of green output. However, due to the interconnected investment and in-
termediate input network, we also observe an increase in brown output production. In
this scenario, the increase in output does not immediately boost investments and loan de-
mands. Instead, the rise in production leads to higher labour demand (Panels M and N).
As wage costs increase (Panel F), there is an input reallocation from labour to capital,
which subsequently boosts investment in both the brown and green sectors. Aggregate
output increases alongside the rise in sectoral outputs, resulting in higher emissions. In-
flation falls similarly to the previous case. While public capital has an expansionary
impact on output, this leads to deflation, which is beneficial for the economy but detri-
mental to the environment. This is because green output production still relies heavily
on goods from the brown sector. Financial stability risk is not considerably affected by
this expansionary policy.

Brown investment tax / green investment subsidy. Brown investment taxes are
designed to deter capital flows into activities that generate high levels of pollution, carbon
emissions, or other harmful environmental effects. The objective is to make such invest-
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ments less financially appealing, thereby redirecting capital towards cleaner and more
sustainable alternatives. These taxes help internalise the external costs of environmen-
tally damaging activities and provide a source of revenue for environmental protection and
remediation efforts. Conversely, green investment subsidy policies offer financial incen-
tives – such as tax credits or direct grants – to encourage investments in environmentally
friendly projects, technologies, and industries. These subsidies aim to reduce the cost
of capital for businesses and individuals investing in renewable energy, energy efficiency,
sustainability, or other green initiatives. By making green investments more financially
attractive, governments seek to accelerate the transition to a low-carbon economy. Green
investment subsidies can stimulate innovation, create green jobs, and reduce greenhouse
gas emissions, contributing to both economic growth and environmental protection.

Figure 6 illustrates the economic effects of a 5 percentage point increase in the invest-
ment tax rates for brown sectors (black solid lines) and an equivalent reduction in the
green sectors’ investment tax rates (blue dashed lines), effectively providing a subsidy for
green investment starting in period 1. Additionally, the magenta dash-dotted lines depict
a fiscally neutral combination of the two scenarios. In this case, a 5% capital investment
subsidy is introduced for all green sectors, financed by increasing taxes on capital in-
vestments in the brown sectors, ensuring no change in the lump-sum tax collected from
households.12

A 5 percentage point increase in the cost of investing in brown sectors’ capital stocks
results in a 15% decline in capital investment in the brown sectors, and we observe a
significant reallocation to green investments under this policy choice. The loan demand
falls for brown sectors and increases for green sectors. Initially, we do not observe a
corresponding increase in green production despite the shift in investments. This is
because green sectors’ reliance on brown intermediate inputs causes cost increases also
for the green sectors. Due to the higher costs of investments in the brown sectors,
production levels in the brown sectors decline substantially. Consequently, aggregate
output declines substantially. The increase in inflation due to the higher costs of brown
investment prompts a monetary policy response, with the nominal interest rate being
raised. Emissions decrease due the ensuing economic recession and financial stability
risks become slightly alleviated in the aftermath of the investment tax shock.

12The model is slightly modified for this scenario. Specifically, the exogenous processes for the capital
investment taxes in the brown sectors (Equation 110 for those sectors s that are classified as green
in Table E.2) are removed from the system of equations and replaced by the following endogenous
termination of the capital investment tax rates in the brown sectors:

∑
s∈Sg

[τ is,tP
i
s,tIs,t] = −

(∑
s∈Sb

[τ is,tP
i
s,tIs,t]

)
,

τ ij,t = τ ik,t, ∀ j ̸= k ∈ Sb,

where Sg (Sb) are the subsets of green (brown) sectors in our 37-sector economy.
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Figure 6: Impulse response functions – investment tax/subsidy shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous changes in investment tax rates.
The black solid lines correspond to the simulation that sees an exogenous increase of 5 percentage points
in the investment tax rates of the brown sectors, while the blue dashed lines depict the economic effects
of an exogenous decrease of 5 percentage points in the capital investment tax rates (i.e. an investment
subsidy) of the green sectors in period 1. Finally, the magenta dash-dotted lines correspond to a fiscal
budget-neutral combination of the two aforementioned simulations.

In a parallel scenario, we analyse the impact of a 5% increase in investment subsidies
for the green sectors. The responses observed for both brown and green capital investment
levels and loan demands are similar in both magnitude and direction to those in the
previous investment tax case. The green sector benefits from investment subsidies and,
due to the input-output linkages, so does the brown sector. Since the green investment
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subsidy is financed by debt issuance and an increase in the labour tax, the labour costs
increase (Panel F). This leads to a small decrease in aggregate output in the medium
run after an initial substantially positive response. As a result, emissions fall due to the
drop in aggregate production in the medium run as well. Another reason is improved
abatement efforts. Due to the relatively unchanged aggregate loan demand and the higher
loan interest rates, financial stability improves by reducing bank leverage by about one
half of an empirical standard deviation.

Finally, we explore a policy mix that combines the two previously discussed strategies.
Specifically, we examine a scenario where financial incentives for green investments are
funded by imposing an investment tax on brown investments. This approach maintains
a fiscally neutral budget framework. We observe an immediate 40 percentage point
increase in green capital investments. Conversely, as capital investments in the brown
sectors become relatively less appealing, there is a 30 percentage point decline in these
investments. The responses in sectoral loan demand levels mirror these investment trends.
In this scenario, the labour income tax rate does not adjust and labour costs decrease
mildly. However, the inflationary pressure caused by the higher financing costs (Panels S
and T), fuelled by the higher demand for investments, constrains the economic benefits of
this policy, as the monetary authority raises interest rates. Therefore, aggregate output
and sectoral outputs fall. Also, consumption levels are reduced. The only good news is
the reduced amount of emissions due to the lower production volumes.

As the discussion of the last scenario reveals, the presence of banks can change the
dynamics of the economy after fiscal policy shocks. Therefore, Appendix J looks at a
model variant where there are no banks. By redoing the fiscal policy scenarios in the
model without banks and comparing the results with those reported in this section, we
can shed light on the impact of the presence of banks in our model economy. We find
that banks act as a shock smoothing device for shocks that directly affect investment and
capital dynamics, while other scenarios are not significantly affected by the presence of
banks (e.g., the scenario of increasing the consumption tax for brown goods whose figures
for the benchmark model are reported in Appendix G). For a more elaborate discussion
and the results of the model without banks, the reader is referred to Appendix J.

5 Conclusion

In this study, we introduce financial intermediaries into a multi-sector New-Keynesian
E-DSGE model with input-output linkages via production and investment networks and
monetary and fiscal authorities that can influence the economy via various conventional
and unconventional monetary and fiscal policies. This allows us to study the role of
the financial sector and its regulations in the context of the transition to a low-carbon
economy, the main economic challenge of this century.
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Specifically, we study the economic and environmental affects of sector-specific bank
regulations via absconding rate shocks, sector-specific quantitative easing and tightening
programmes, several carbon tax revenue recycling schemes, green technology innovations
(exogenous productivity shocks vs public green capital build-up financed by public green
bond issuance), and sector-specific investment tax and subsidy policies.

We find a tight link between developments in the green sectors and developments in
the brown sectors due to the strong linkages via the production and investment networks.
Therefore, almost all scenarios fail to induce a substantial green transition (decreasing
fraction of high-emission production and increasing fraction of low-emission production)
and both green and brown sectors either benefit or suffer from the policy implementation.

An increase in brown sectors’ loan riskiness leads to more production and higher
emissions while a decrease in green sectors’ loan riskiness depresses output and leads to
lower emissions. A combination of both these scenarios leads to a small increase in output
and a very small decline in emissions. Similar observations hold for Green QE and Brown
QT programmes.

While recycling carbon tax revenues in the form of a lump-sum transfer to households
leads to a recession, using the carbon tax revenues to build public green capital alleviates
the economic costs of higher carbon taxes completely and instead leads to a large economic
expansion. Similarly, using the revenues to finance investment subsidies to green sectors
implies a short-run economic boom, followed by a small recession in the medium run. In
terms of environmental effects, for all recycling schemes we observe a considerable decline
in emissions due to the increase in abatement efforts. Due to the increase in output of
the building public green capital scheme, the emissions reduction is smaller in this case.

In a similar vein, building public green capital via issuing public green bonds to boost
green sectors’ productivity is superior to exogenous technology innovations in the green
sectors. Introducing brown investment taxes is recessionary and good for the environment,
while implementing green investment subsidies is expansionary in the short run and good
for the environment in the medium to long run. Using brown investment taxes to finance
green investment subsidies fails to solve this trade-off since the financing costs for the
additional investments needed rise by too much.

Removing the input-output linkages in intermediate goods production or the financial
intermediaries from the model, makes the carbon tax revenue recycling scheme of pro-
viding investment subsidies to green sectors the most expansionary policy in the short
run while a recession is induced in the long run and this scheme still implies the largest
emissions reduction. Without these input-output linkages, the pure investment tax and
subsidy policies also work better.

Going forward, we will extend the model by one more financial asset: green corporate
bonds. Green corporate bonds would be used to finance abatement efforts. Moreover,
the aggregation rule for labour supply requires additional analysis.
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A Price Dispersion Law of Motion

Assuming that the capital-output ratio is the same for all firms within sector s, one
also obtains that the intermediate inputs to output ratio and the labour to output ratio
are the same for all firms within sector s, respectively. Furthermore, since the marginal
cost function is the same for all firms within a sector in the symmetric equilibrium, one
obtains that the production function is the same for each firm within sector s. Thus,
we can simply integrate the individual firms’ outputs into sectoral output to obtain, in
conjunction with using Equation (32):

Y̊s,t =

∫
Φs

Ys,j,t dj = (P̊s,t)
−1(1 +Kp

g,t)
αgsAs,t

(
ζs(VAs,t)

(σs−1)/σs + (1− ζs)(Zs,t)
(σs−1)/σs

)σs/(σs−1)

,

(A.1)

where P̊s,t =
∫
Φs
(Ps,j,t/Ps,t)

−θ dj is the price dispersion term. Given that a fraction κs

of firms cannot adjust its prices for the next period, whereas the other firms (with mass
1−κs) will re-optimise the next period, the dynamics of the dispersion term are as follows:

P̊s,t+1 = κs

∫
Φs

(
Ps,j,t
Ps,t+1

)−θ

dj + (1− κs)

(
P ∗
s,t+1

Ps,t+1

)−θ

= κs

∫
Φs

(
Ps,t
Ps,t+1

)−θ (
Ps,j,t
Ps,t

)−θ

dj + (1− κs)

(
P ∗
s,t+1

Ps,t+1

)−θ

= κs

(
Ps,t+1

Ps,t

)θ ∫
Φs

(
Ps,j,t
Ps,t

)−θ

dj + (1− κs)

(
P ∗
s,t+1

Ps,t+1

)−θ

= κs

(
Ps,t+1

Ps,t

)θ
P̊s,t + (1− κs)

(
P ∗
s,t+1

Ps,t+1

)−θ

, (A.2)

which – using real variables and lagging above equation by one period – becomes:

P̊s,t = κs

(
ps,tΠt

ps,t−1

)θ
P̊s,t−1 + (1− κs)

(
ps,t
p∗s,t

)θ
. (A.3)
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B Normalisation of the Model

Most equations in the main text are given in nominal terms. For defining the equilibrium
of the model, we need to derive the real variant of all equations. Thus, in the following we
normalise the model by denoting and defining the real version of a variable as follows: pt =
Pt/Pt, where Pt is a generic nominal variable as a placeholder for all nominal variables
used in the main text and the aggregate price index Pt is used to make nominal variables
real. The nominal marginal utility of consumption λh,t is made real by multipliying it
with Pt, where real marginal utility of consumption is denoted by λ̃h,t.

However, when we normalise portfolio holdings like deposits of loan amounts we nor-
malise by the lagged price level, e.g., dt = Dt/Pt−1.

The following list of equations comprises the equations requiring the normalisation of
nominal prices. Other equations, not listed here, are used as given in the main text in
the implementation of the model.

• Real sectoral consumption choice of households

(1 + τ cs,t)ps,tCs,t = pctωcsCt, s = 1, . . . , S (B.1)

• Real price of consumption

pct =
S∏
s=1

[(1 + τ cs,t)ps,t]
ωcs (B.2)

• Real budget constraint of households

pctCt + dt+1 +Φt = rdt−1dt + (1− τWt )

S∑
s=1

ws,tL
d
s,t +

S∑
s=1

(zYs,t + zys,t + zkt ) (B.3)

+ zCt + zYt + zbt + (1− θ)nwt−1(Πt)
−1 + tt

• Real deposits Euler equation

1 = Et[Mt,t+1 ·Rd
t /Πt+1] = Et[Mt,t+1r

d
t+1] (B.4)

• Real deposit interest rate

rdt = Rd
t−1/Πt (B.5)
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• Marginal utility of consumption

λ̃h,t = λh,tPt =
1

pct

(
Ct −

χ(Lt)
1+1/f

1 + 1/f

)−1/ψ

(B.6)

• Nominal stochastic discount factor

M
$
t,t+1 = βλ̃h,t+1/λ̃h,t · Πt+1 (B.7)

• Real stochastic discount factor

Mt,t+1 = βλ̃h,t+1/λ̃h,t (B.8)

• Consumer price inflation
Πc
t+1 = pct+1/p

c
t · Πt+1 (B.9)

• Real aggregate consumption goods firm profits:

zCt = pctCt −
S∑
s=1

(1 + τ cs,t)ps,tCs,t (B.10)

• Real sectoral wage evolution process (s = 1, . . . , S)

ws,t =
(
(1− κℓs)(w

∗
s,t)

1−θℓs + κℓs(ws,t−1/Πt)
1−θℓs

)1/(1−θℓs) (B.11)

• Aggregate real wage definition

wtL
d
t =

S∑
s=1

ws,tL
d
s,t (B.12)

• Wage dispersion process (s = 1, . . . , S)

ΘW
s,t = (1− κℓs)

(
w∗
s,t

ws,t

)−θℓs
+ κℓs

(
ws,t−1

ws,tΠt

)−θℓs
ΘW
s,t−1 (B.13)

• Optimal wage equilibrium auxiliary variable 1 (s = 1, . . . , S)

gs,1,t =
θℓsχλ̃h,tp

c
t

θℓs − 1
(Ld

t )
1/f

(
w∗

s,t

ws,t

)−θℓs

Ld
s,t + βκℓsEt

[(
w∗

s,t

w∗
s,t+1Πt+1

)−θℓ

gs,1,t+1

]
(B.14)
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• Optimal wage equilibrium auxiliary variable 2 (s = 1, . . . , S)

gs,2,t = (1− τWt )λ̃h,t

(
w∗

s,t

ws,t

)−θℓs

w∗
s,tL

d
s,t + βκℓsEt

[(
w∗

s,t

w∗
s,t+1Πt+1

)1−θℓs

gs,2,t+1

]
. (B.15)

• Real aggregate final goods firm profits:

zYt = Yt −
S∑
s=1

ps,tYs,t (B.16)

• Real sectoral final goods firm profits (s = 1, . . . , S)

zYs,t = ps,tYs,t −
∫
Φs

ps,j,tYs,j,t dj (B.17)

• Real sectoral intermediate input price

pst =
S∏
r=1

pωsrr,t , s = 1, . . . , S (B.18)

• Aggregate price index / aggregate inflation

1 =
S∏
s=1

(
ps,t
Ωs,t

)ωys
(B.19)

• Intermediate goods firms’ intermediate inputs decisions

pr,tZs,t(r) = pstωsrZs,t, r = 1, . . . , S, s = 1, . . . , S (B.20)

• Intermediate goods firms’ cost minimisation w.r.t. labour (s = 1, . . . , S)

ws,t = mcs,t(Ys,t)1/σs(As,t(1 +Kp
g,t)

αgs))1−σsζs(VAs,t)
1/γs−1/σs(1− αs)(L

d
s,t)

−1/γs

(B.21)

• Intermediate goods firms’ cost minimisation w.r.t. intermediate inputs (s = 1, . . . , S)

(1 + τ zs,t)p
s
t = mcs,t(Ys,t)1/σs(As,t(1 +Kp

g,t)
αgs))1−σs(1− ζs)(Zs,t)

−1/γs (B.22)

• Intermediate goods firms’ cost minimisation w.r.t. capital (s = 1, . . . , S)

rks,t = mcs,t(Ys,t)1/σs(As,t(1 +Kp
g,t)

αgs))1−σsζs(VAs,t)
1/γs−1/σsαs(us,tKs,t)

−1/γsus,t (B.23)
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• Abatement rate determination:

ψAs,t =

(
τFs,t
ps,t

νs
ι2sι3s

)1/(ι3s−1)

, s = 1, . . . , S (B.24)

• Intermediate goods firm profits (s = 1, . . . , S)

zys,t =

∫
Φs

(
ps,j,tYs,j,t−ws,tL

d
s,j,t− rks,tKs,j,t− (1+ τzs,t)p

s
tZs,j,t− τFs,tνs(1−ψAs,j,t)Ys,j,t− ps,tX

A
s,j,t

)
dj (B.25)

• Optimal price equilibrium

p∗s,t = (f1,s,t + f3,s,t)/f2,s,t, s = 1, . . . , S (B.26)

• Third auxiliary variable in optimal price equilibrium

f3,s,t = µ

(
Ys,t
ωysYt

)−θ

[ps,tι2s(ψ
A
s,t)

ι3s + τFs,tνs(1− ψA
s,t)]Ys,t + κsEt[Mt,t+1(Πt+1)

θf3,s,t+1] (B.27)

• Intermediate goods price dynamics

(ps,t)
1−θ = κs (ps,t−1/Πt)

1−θ + (1− κs)(p
∗
s,t)

1−θ, s = 1, . . . , S (B.28)

• Price dispersion dynamics

P̊s,t = κs (ps,tΠt/ps,t−1)
θ P̊s,t−1 + (1− κs)

(
ps,t/p

∗
s,t

)θ (B.29)

• Real capital producer profits

zks,t = rks,tKs,t − (1 + τ is,t)p
i
s,tIs,t + ℓis,t+1 − ris,tℓ

i
s,t (B.30)

• Real capital producer value (s = 1, . . . , S)

vks,t = Et

[ ∞∑
n=0

Mt,t+n

(
rks,t+nKs,t+n − (1 + τ is,t)p

i
s,t+nIs,t+n + ℓis,t+n+1 − ris,t+nℓ

i
s,t+n

)]
(B.31)

• Real loan-in-advance constraint of capital producers in each sector s = 1, . . . , S

(after noting that this condition will bind in equilibrium)

ℓis,t+1 = χs(1 + τ is,t)p
i
s,tIs,t (B.32)

• Capital real marginal Tobin’s Q (s = 1, . . . , S)

qs,t = (1 + µLIAs,t χs)(1 + τ is,t)p
i
s,t/Λ

′
s,t (B.33)
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• Capital Euler equation (s = 1, . . . , S)

qs,t = Et

[
Mt,t+1

(
rks,t+1 −

qs,t+1Λ
′
s,t+1Is,t+1

Ks,t+1
+ qs,t+1(Λs,t+1 + 1− δs)

)]
(B.34)

• Sectoral investment good price (s = 1, . . . , S)

pis,t =
S∏
r=1

(pr,t)
ωisr , s = 1, . . . , S. (B.35)

• Investment goods producers’ first order conditions (r, s = 1, . . . , S)

pr,tIs,t(r) = pis,tω
i
srIs,t. (B.36)

• Real lump-sum tax

tt =
S∑
s=1

[
τFs,tνs(1− ψAs,t)Y̊s,t

]
(B.37)

• Real government budget constraint

rbb,tbb,t + rbg,tbg,t +

S∑
s=1

Gs,t = tcb + bb,t+1 + bg,t+1 + τWt

S∑
s=1

ws,tL
d
s,t (B.38)

+

S∑
s=1

[
τ cs,tps,tCs,t + τzs,tp

s
tZs,t + τ is,tp

i
s,tIs,t

]

• Real sectoral public consumption choice of the fiscal authority

ps,tGs,t = pgtωgsGt, s = 1, . . . , S. (B.39)

• Real aggregate public consumption expenditure determination

pgtGt = ḡYt. (B.40)

• Real price of aggregate public consumption bundle

pgt =
S∏
s=1

p
ωgs
s,t . (B.41)

• Real public green bond issuance

bg,t+1 = sbg,tp
i
tIt. (B.42)
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• Real monetary authority balance sheet

ret = bcbb,t + bcbg,t +
S∑
s=1

ℓi,cbs,t . (B.43)

• Public general bond purchases of the monetary authority

bcbb,t = scbb,tbb,t. (B.44)

• Public green bond purchases of the monetary authority

bcbg,t = scbg,tbg,t. (B.45)

• Real sectoral corporate bond purchases of the monetary authority

ℓi,cbs,t = scbℓ,s,tℓ
i
s,t, s = 1, . . . , S. (B.46)

• Real transfer of the profits of the monetary authority to the government

tcb,t = rbb,tb
cb
b,t + rbg,tb

cb
g,t +

S∑
s=1

(ris,tℓ
i,cb
s,t )− rtret. (B.47)

• Real bank balance sheet

nwt + dt = ret+1 + bpb,t+1 + bpg,t+1 +
S∑
s=1

ℓi,ps,t+1 (B.48)

• Real aggregate bank net worth accumulation

nwt = θ

(∑S
s=1(r

i
s,t − rdt )ℓ

i,p
s,t

nwt−1
+

(rbb,t − rdt )b
p
b,t + (rbg,t − rdt )b

p
g,t

nwt−1
+

(rt − rdt )ret
nwt−1

+ rdt

)
nwt−1 +Φt−1.

(B.49)

• Incentive compatibility constraint in real terms (after imposing bank symmetry and
noting that this condition will bind in equilibrium)

vt · nwt = ∆bbb
p
b,t+1 +∆bgb

p
g,t+1 +

S∑
s=1

∆s,tℓ
i,p
s,t+1 (B.50)

• Real bank start-up fund
Φt = φ · nwt (B.51)
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• Real public general bond interest rate

rbb,t = Rb
b,t−1/Πt. (B.52)

• Real public green bond interest rate

rbg,t = Rb
g,t−1/Πt. (B.53)

• Real sectoral loan interest rate

ris,t = Ri
s,t−1/Πt, s = 1, . . . , S. (B.54)

• Real flow of funds from banks

zbt =

S∑
s=1

(ris,tℓ
i
s,t − ℓi,ps,t+1) + rbb,tb

p
b,t − bpb,t+1 + rbg,tb

p
g,t − bpg,t+1 + rtret − ret+1 (B.55)

+ dt+1 − rdt dt +Φt − (1− θ)nwt−1(Πt)
−1,

• Real sectoral resource constraints

Y̊s,t = Gs,t + Cs,t + ι2s(ψ
A
s,t)

ι3sY̊s,t +
S∑
r=1

Ir,t(s) +
S∑
r=1

Zr,t(s), s = 1, . . . , S (B.56)

• Real aggregate resource constraint

Yt =
S∑
s=1

ps,tY̊s,t = pgtGt + pctCt +
S∑
s=1

[
pis,tIs,t + ps,tι2s(ψ

A
s,t)

ι3sY̊s,t + pstZs,t

]
(B.57)

• Real public general bond market clearing

bb,t = bpb,t + bcbb,t. (B.58)

• Real public general bond market clearing

Bg,t = Bp
g,t +Bcb

g,t (B.59)

• Real public general bond market clearing

ℓis,t+1 = ℓi,ps,t+1 + ℓi,cbs,t+1, s = 1, . . . , S. (B.60)
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C Definition of Equilibrium

The equilibrium system is composed of 2S2 + 43S+ 39 variables and 2S2 + 43S+ 39

equations in total, which can be broken down by sectors in the following way:

1. In the households sector, the real price of the consumption bundle pct , consumer price
inflation Πc

t , the consumption bundle Ct, sectoral consumption levels {Cs,t}Ss=1,
total aggregate labour supply Lt, sectoral labour supplies {Ls,t}Ss=1, total aggre-
gate labour demand by firms Ldt , the real aggregate wage wt, real sectoral wages
{ws,t}Ss=1, optimal real sectoral wages {w∗

s,t}Ss=1, the sectoral wage distortion pro-
cesses {θWs,t}Ss=1, the auxiliary variables {gs,1,t}Ss=1 and {gs,2,t}Ss=1, real marginal util-
ity of consumption λ̃h,t, the nominal household stochastic discount factor M$

t,t+1,
and the real household stochastic discount factorMt,t+1, and real one-period deposit
holdings dt – in total, 7S+ 10 variables – are chosen such that the consumption
goods producers and labour unions maximise their profits and the representative
household maximises its lifetime utility, subject to several market clearing condi-
tions, which implies that the following equilibrium conditions need to hold: (12),
(17), (19), (114), (B.1), (B.2), (B.4), (B.6), (B.7), (B.8), (B.9), (B.11), (B.12),
(B.13), (B.14), (B.15) – in total, 7S+ 9 equations.

2. In the final and intermediate goods sectors, the intermediate goods firms choose
their demands for production inputs (labour {Lds,t}Ss=1, intermediate inputs {Zs,t}Ss=1,
and private sectoral capital {Ks,t}Ss=1 to determine real sectoral price indices {ps,t}Ss=1,
aggregate inflation rate Πt, real marginal cost functions {mcs,t}Ss=1, and real pri-
vate sectoral capital returns {rks,t}Ss=1, the intermediate goods producers also choose
their optimal real relative price levels {p∗s,t}Ss=1 giving rise to the auxiliary vari-
ables {f1,s,t}Ss=1, {f2,s,t}Ss=1, and {f3,s,t,}Ss=1, given the choices of the sectoral fi-
nal goods firms for intermediate goods to determine sectoral final goods output
{Ys,t}Ss=1 (before price distortion), {Y̊s,t}Ss=1 (after price distortion), value-added
{VAs,t}Ss=0, and price distortion levels {P̊s,t}Ss=1, while the intermediate inputs pro-
ducers choose their production outputs {Zs,t(r)}Sr,s=1 to determine real intermediate
inputs prices {pst}Ss=1 and abatement rates {ψAs,t}Ss=0 to determine abatement invest-
ments {XA

s,t}Ss=0 and the capital utilisation rates {us,t}Ss=1, which are subject to
exogenous processes – in total, S2 + 18S+ 1 variables – which implies that the
following equilibrium conditions need to hold: (33), (34), (35), (45), (58), (59),
(61), (B.18), (B.19), (B.20), (B.21), (B.22), (B.23), (B.24), (B.26), (B.27), (B.28),
(B.29) – in total, S2 + 16S+ 1 equations.

3. In the capital production sectors, the capital producers produce profit-maximizing
sectoral capital supplies while being subject to capital adjustment costs {Λs,t}Ss=1

and its derivative {Λ′
s,t}Ss=1, and they maximise the real capital producer firm values
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{vks,t}Ss=1, subject to loan-in-advance constraints, by choosing investment demands
{Is,t}Ss=1 and the next period’s capital demands so that the real investment good
shadow prices {qs,t}Ss=1 and loan-in-advance constraint shadow prices {µLIAs,t }Ss=1 are
determined – in total, 6S variables – which implies that these sectors obey the fol-
lowing equilibrium conditions: (63), (64), (75), (76), (B.31), (B.32), (B.33), (B.34) –
in total, 8S equations.

4. In the investment goods production sectors, the investment goods producers choose
their production outputs {Is,t(r)}Sr,s=1 to determine real investment goods prices
{pis,t}Ss=1 – in total, S2 + S variables – which implies that these sectors obey the
following equilibrium conditions: (B.35), (B.36) – in total, S2 + S equations.

5. Environmental accounting defines total emissions Et and the stock of carbon emis-
sions above pre-industrial levels Mt, which lead to damages in the intermediate
goods sector {Ωs,t}Ss=1 – in total, S+ 2 variables – governed by equations: (25),
(111), (112) – in total, S+ 2 equations.

6. In the banking sector, the banks choose net worth levels to arrive at an aggregate net
worth level nwt, public general bond holdings bpb,t, public green bond holdings bpg,t,
sectoral corporate loan amounts {ℓi,ps,t}Ss=1 to maximise their value vt, subject to the
incentive compatibility constraint with sector-specific absconding rates {∆s,t}Ss=1,
the bank balance sheet, the nominal deposit rate Rd

t equality to the monetary policy
rate, and the amount of the bank start-up fund by the households Φt which gives
rise to the bank adjustment to the stochastic discount factor Ωt, the shadow price
to alleviate the incentive compatibility constraint µicct , the real deposit interest rate
rdt , the real public general bond return rbb,t, the real public green bond return rbg,t,
and the real sectoral loan returns {ris,t}Ss=1 – in total, 3S+ 11 variables – and
the following equilibrium conditions: (81), (82), (83), (84), (85), (89), (92), (B.5),
(B.48), (B.49), (B.50), (B.51) – in total, 2S+ 10 equations;

7. In the public sector (fiscal and monetary authority), the nominal risk-free interest
rate it, the real risk-free interest rate rt, the real lump-sum tax transfer tt, sectoral
public consumption {Gs,t}Ss=1, aggregate public consumption Gt, the real price of
aggregate public consumption pgt , the real transfer from the monetary authority
to the fiscal authority tcb, the real aggregate sectoral loan amounts {ℓis,t}Ss=1, the
fiscal authority’s issuance of real public general and green bonds bb,t and bg,t, the
monetary authority’s real holdings of public general bonds bcbb,t, public green bonds
bcbg,t, and sectoral corporate bonds {ℓi,cbs,t }Ss=1, real central bank reserves ret, the green
public capital Kp

g,t, and the tax rates τWt , {τ cs,t}Ss=1, {τ zs,t}Ss=1, {τ is,t}Ss=1, {τFs,t}Ss=1 –
in total, 7S+ 13 variables – have to obey the following laws of motion, market
clearing conditions, and equations: (90), (91), (100), (102), (108), (109), (110),

59



(113), (B.37), (B.38), (B.39), (B.40), (B.41), (B.42), (B.43), (B.44), (B.45), (B.46),
(B.47), (B.58), (B.59), (B.60) – in total, 7S+ 15 equations.

8. For the aggregate economy, there is a homogeneous total factor productivity shock
At and an aggregate final goods firm aggregates sectoral outputs to aggregate output
(GDP) Yt – in total, 2 variables – such that the following productivity law of
motion, the aggregate resource constraint, and the sectoral resource constraints
hold: (36), (B.56), (B.57) – in total, S+ 2 equations.
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D Steady State Equations

In this appendix, we derive the steady state equation system of our model.

D.1 Representative household

At steady state, the household equilibrium via Equations (12), (17), (19), (114), (B.1),
(B.2), (B.4), (B.6), (B.7), (B.8), (B.9), (B.11), (B.12), (B.13), (B.14), and (B.15) be-
comes:

ΘW
s =

(1− κℓs) (w
∗
s/ws)

−θℓs

1− κℓs(Π̄)θℓs
, s = 1, . . . , S, (D.1)

Ls = ΘW
s L

d
s, s = 1, . . . , S, (D.2)

L =
S∑
s=1

Ls, (D.3)

Ld =
S∑
s=1

Lds, (D.4)

w =

(
S∑
s=1

wsL
d
s

)
/Ld, (D.5)

(1 + τ̄ cs )psCs = pcωcsC, s = 1, . . . , S, (D.6)

pc =
S∏
s=1

[(1 + τ̄ cs )ps]
ωcs , (D.7)

w∗
s/ws =

(
1− κℓs(Π̄)

κℓs−1

1− κℓs

)1/(1−θℓs)

, s = 1, . . . , S, (D.8)

gs,1 = gs,2, s = 1, . . . , S, (D.9)

gs,1 =
θℓsχλ̃hp

c

θℓs − 1
(Ld)1/fLds/(1− βκℓs(Π̄)

θℓs), s = 1, . . . , S, (D.10)

gs,2 = (1− τW )λ̃hw
∗
sL

d
s/(1− βκℓs(Π̄)

θℓs−1), s = 1, . . . , S, (D.11)

λ̃h =
1

pc

(
C − χ(L)1+1/f

1 + 1/f

)−1/ψ

, (D.12)

M$ = β/Π̄, (D.13)

M = β, (D.14)

rd = M−1 = β−1, (D.15)

Πc = Π̄. (D.16)
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D.2 Final and intermediate goods firms

At steady state, the final goods firms’ equilibrium system dictates by using Equations
(33), (34), (35), (45), (58), (59), (61), (B.18), (B.19), (B.20), (B.21), (B.22), (B.23),
(B.24), (B.26), (B.27), (B.28), and (B.29):

Π = Π̄, (D.17)

and for all s = 1, . . . , S also the following equations have to hold:

p∗s,t = (f1,s + f3,s)/f2,s, (D.18)

f1,s =
µmcs

(
Ys

ωysY

)−θ
Ys

1− κsβ(Π̄)θ
, (D.19)

f2,s =

(
Ys

ωysY

)−θ
Ys

1− κsβ(Π̄)θ−1
, (D.20)

f3,s =
µ
(

Ys
ωysY

)−θ
[psι2s(ψ

A
s )

ι3s + τFs νs(1− ψAs )]Ys

1− κsβ(Π̄)θ
, (D.21)

VAs =
(
αs(Ks)

(γs−1)/γs + (1− αs)(Ls)
(γs−1)/γs

)γs/(γs−1)
, (D.22)

Y̊s = Ys/P̊s, (D.23)

Ys = (1 +Kp
g )
αgsAs

(
ζs(VAs)

(σs−1)/σs + (1− ζs)(Zs)
(σs−1)/σs

)σs/(σs−1)
, (D.24)

P̊s =
(1− κs)(ps/p

∗
s)
θ

1− κs(Π̄)θ
, (D.25)

us = ūs, (D.26)

ps =
S∏
r=1

(pr)
ωsr , (D.27)

pr = psωsrZs/Zs(r), r = 1, . . . , S, (D.28)

ws = mcs(Ys)1/σs(As(1 +Kp
g )
αgs))1−σsζs(VAs)

1/γs−1/σs(1− αs)(L
d
s)

−1/γs , (D.29)

(1 + τ̄ zs )p
s = mcs(Ys)1/σs(As(1 +Kp

g )
αgs))1−σs(1− ζs)(Zs)

−1/γs , (D.30)

rks = mcs(Ys)1/σs(As(1 +Kp
g )
αgs))1−σsζs(VAs)

1/γs−1/σsαs(usKs)
−1/γsus, (D.31)

p∗s =

(
(ps)

1−θ(1− κs(Π̄)
θ−1)

1− κs

)1/(1−θ)

, (D.32)

ψAs =

(
τFs
ps

νs
ι2sι3s

)1/(ι3s−1)

, (D.33)

XA
s = ι2s(ψ

A
s )

ι3sY̊s. (D.34)
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D.3 Capital producers

At steady state, the equilibrium equations for the capital producers imply via Equations
(63), (64), (75), (76), (B.31), (B.32), (B.33), and (B.34):

Is = δsKs, s = 1, . . . , S, (D.35)

Λs = δs, s = 1, . . . , S, (D.36)

Λ′
s = 1, s = 1, . . . , S, (D.37)

vks =
rksKs − (1 + τ̄ is)p

i
sIs + (1− ris)ℓs

1− β
, s = 1, . . . , S, (D.38)

qs = (1 + µLIAs,t χs)(1 + τ̄ is)p
i
s, s = 1, . . . , S, (D.39)

qs =
β

1− β + βδs
rks , s = 1, . . . , S, (D.40)

ℓis = χs(1 + τ̄ is)p
i
sIs, s = 1, . . . , S, (D.41)

1 + µLIAs = βris, s = 1, . . . , S. (D.42)

D.4 Investment goods producers

At steady state, the equilibrium equations for the investment goods producers imply via
Equations (B.35) and (B.36) for all s = 1, . . . , S:

pis =
S∏
r=1

(pr)
ωisr , (D.43)

pr = pisω
i
srIs/Is(r), r = 1, . . . , S. (D.44)

D.5 Banking sector

Equations (81), (82), (83), (84), (85), (89), (B.5), (B.48), (B.49), (B.50), (B.51) imply
the following relations in the steady state for the banking sector:

rd = Rd/Π̄, (D.45)

(1− µicc)v = Ω, (D.46)

Ω = 1− θ + θ · v, (D.47)

Φ = φ · nw, (D.48)

nw = ∆bbb
p
b +∆bgb

p
g +

S∑
s=1

∆̄sℓ
i,p
s , (D.49)

nw + d = re + bpb + bpg +
S∑
s=1

ℓi,ps , (D.50)
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(1− rd − φ)nw = θ

(
(r − rd)re + (rbb − rd)bpb + (rbg − rd)bpg +

S∑
s=1

(ris − rd)ℓi,ps

)
, (D.51)

µicc∆̄s = βΩ(ris − rd), s = 1, . . . , S, (D.52)

µicc∆bb = βΩ(rbb − rd), (D.53)

µicc∆bg = βΩ(rbg − rd), (D.54)

∆s = ∆̄s, s = 1, . . . , S. (D.55)

D.6 Public sector

Equations (90), (91), (92), (100), (102), (108), (109), (110), (113), (B.37), (B.38), (B.39),
(B.40), (B.41), (B.42), (B.43), (B.44), (B.45), (B.46), (B.47), (B.58), (B.59), and (B.60)
imply at the steady state for the public sector:

i = ī, (D.56)

r = ī/Π̄, (D.57)

Rd = ī, (D.58)

τ cs = τ̄ cs , s = 1, . . . , S, (D.59)

τ zs = τ̄ zs , s = 1, . . . , S, (D.60)

τ is = τ̄ is, s = 1, . . . , S, (D.61)

τFs = τ̄Fs , s = 1, . . . , S, (D.62)

t =
S∑
s=1

[τFs νs(1− ψAs )Y̊s], (D.63)

rbbbb + rbgbg +
S∑
s=1

Gs = bb + bg + tcb + τW
S∑
s=1

wsL
d
s +

S∑
s=1

[τ cspsCs + τ zs p
sZs + τ isp

i
sIs],

(D.64)

bb = bpb + bcbb , (D.65)

Bg = Bp
g +Bcb

g , (D.66)

ℓis = ℓi,ps + ℓi,cbs , s = 1, . . . , S, (D.67)

bcbb = s̄cbb bb, (D.68)

bcbg = s̄cbg bg, (D.69)

bb = 0, (D.70)

bg = 0, (D.71)

ℓi,cbs = s̄cbℓ,sℓ
i
s, s = 1, . . . , S, (D.72)

tcb = rbbb
cb
b + rbgb

cb
g +

S∑
s=1

(risℓ
i,cb
s )− r · re, (D.73)
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re = bcbb + bcbg +
S∑
s=1

ℓi,cbs , (D.74)

psGs = pgωgsG, (D.75)

pgG = ḡY, (D.76)

pg =
S∏
s=1

pωgss , (D.77)

Kp
g = bg/δp. (D.78)

D.7 Environment

Equations (25), (111), and (112) determine the steady state for the environment as fol-
lows:

E =
S∑
s=1

νs(1− ψAs )Y̊s, (D.79)

M = E/δm, (D.80)

Ωs = e−ι1s·M . (D.81)

D.8 Aggregate economy

Finally, aggregation in our closed economy framework implies the following conditions at
the steady state via Equations (36), (B.56), and (B.57):

As = eā, s = 1, . . . , S, (D.82)

Y̊s = Gs + Cs +XA
s +

S∑
r=1

Ir(s) +
S∑
r=1

Zr(s), s = 1, . . . , S, (D.83)

Y =
S∑
s=1

psY̊s. (D.84)
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E Data Summary and Parameters for Multi-Sector Model

Table E.1: NACE level 1 and 2 sectors

Code Description

A Agriculture, forestry and fishing

B Mining and quarrying

C10–C12 Manufacture of food products, beverages and tobacco products
C13–C15 Manufacture of textiles, wearing apparel and leather products

C16 Manufacture of wood and of products of wood and cork, except furniture;
manufacture of articles of straw and plaiting materials

C17 Manufacture of paper and paper products

C18 Printing and reproduction of recorded media

C19 Manufacture of coke and refined petroleum products

C20 Manufacture of chemicals and chemical products

C21 Manufacture of basic pharmaceutical products and pharmaceutical preparations

C22 Manufacture of rubber and plastic products

C23 Manufacture of other non-metallic mineral products

C24 Manufacture of basic metals

C25 Manufacture of fabricated metal products, except machinery and equipment

C26 Manufacture of computer, electronic and optical products

C27 Manufacture of electrical equipment

C28 Manufacture of machinery and equipment n.e.c.

C29 Manufacture of motor vehicles, trailers and semi-trailers

C30 Manufacture of other transport equipment

C31–C32 Manufacture of furniture; other manufacturing
C33 Repair and installation of machinery and equipment

D Electricity, gas, steam and air conditioning supply

E Water supply; sewerage; waste managment and remediation activities

F Construction

G Wholesale and retail trade; repair of motor vehicles and motorcycles

H Transporting and storage

I Accommodation and food service activities

J Information and communication

K Financial and insurance activities

L Real estate activities

M Professional, scientific and technical activities

N Administrative and support service activities

O Public administration and defence; compulsory social security

P Education

Q Human health and social work activities

R–S Arts, entertainment and recreation; other services activities

T Activities of households as employers; undifferentiated goods- and services-producing
activities of households for own use

U Activities of extraterritorial organisations and bodies

Notes: This table reports the codes and descriptions of the NACE level 1 and 2 sectors, represented in
our calibrated model.
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Table E.2: Values of sector-specific parameters

Code type of sector ωcs ωgs ωys ζs αs νs ι1s αgs

A brown 0.0192 0.0006 0.0201 0.4959 0.7355 974.15 1 · 10−8 0

B brown 0.0006 0.0000 0.0024 0.5562 0.6664 383.54 1 · 10−8 0

C10–C12 brown 0.0795 0.0007 0.0385 0.2601 0.4966 68.63 1 · 10−8 0
C13–C15 brown 0.0099 0.0001 0.0051 0.2661 0.4164 58.99 1 · 10−8 0

C16 brown 0.0013 0.0001 0.0045 0.3000 0.4474 40.23 1 · 10−8 0

C17 brown 0.0034 0.0001 0.0054 0.2874 0.4840 275.83 1 · 10−8 0

C18 brown 0.0008 0.0000 0.0026 0.3911 0.3584 42.08 1 · 10−8 0

C19 brown 0.0130 0.0001 0.0093 0.1984 0.7649 618.81 1 · 10−8 0

C20 brown 0.0066 0.0013 0.0149 0.2879 0.5997 449.81 1 · 10−8 0

C21 brown 0.0065 0.0127 0.0054 0.4303 0.7050 36.64 1 · 10−8 0

C22 brown 0.0033 0.0002 0.0089 0.2750 0.3859 39.81 1 · 10−8 0

C23 brown 0.0024 0.0001 0.0074 0.3363 0.4412 1046.51 1 · 10−8 0

C24 brown 0.0007 0.0001 0.0112 0.2145 0.4086 620.08 1 · 10−8 0

C25 brown 0.0032 0.0002 0.0174 0.3298 0.3550 24.80 1 · 10−8 0

C26 brown 0.0039 0.0008 0.0063 0.3106 0.5624 20.89 1 · 10−8 0

C27 brown 0.0041 0.0003 0.0077 0.2654 0.3585 19.60 1 · 10−8 0

C28 brown 0.0027 0.0006 0.0183 0.3112 0.3708 25.64 1 · 10−8 0

C29 brown 0.0258 0.0011 0.0247 0.2401 0.4880 20.40 1 · 10−8 0

C30 brown 0.0021 0.0005 0.0058 0.3346 0.4457 14.55 1 · 10−8 0

C31–C32 brown 0.0098 0.0024 0.0069 0.3679 0.3835 18.16 1 · 10−8 0

C33 brown 0.0006 0.0001 0.0081 0.4734 0.2734 14.32 1 · 10−8 0

D brown 0.0301 0.0006 0.0314 0.3937 0.7557 827.94 1 · 10−8 0

E brown 0.0113 0.0051 0.0128 0.5032 0.5349 505.71 1 · 10−8 0

F brown 0.0100 0.0018 0.0772 0.3787 0.4642 28.02 1 · 10−8 0

G green 0.1771 0.0191 0.1043 0.5783 0.4567 31.42 1 · 10−8 0.05

H brown 0.0365 0.0174 0.0547 0.4728 0.4451 265.37 1 · 10−8 0

I green 0.0708 0.0009 0.0224 0.4880 0.4072 32.42 1 · 10−8 0.05

J brown 0.0308 0.0103 0.0496 0.5477 0.5098 4.12 1 · 10−8 0

K green 0.0554 0.0007 0.0524 0.5926 0.5461 4.25 1 · 10−8 0.05

L brown 0.2043 0.0094 0.0780 0.7552 0.9503 1305.98 1 · 10−8 0

M green 0.0100 0.0148 0.0691 0.5403 0.3772 9.28 1 · 10−8 0.05

N green 0.0143 0.0021 0.0389 0.5681 0.3968 20.24 1 · 10−8 0.05

O green 0.0083 0.3482 0.0545 0.6543 0.3336 20.16 1 · 10−8 0.05

P green 0.0167 0.1796 0.0328 0.7636 0.2339 14.71 1 · 10−8 0.05

Q green 0.0607 0.3411 0.0647 0.6277 0.2764 29.26 1 · 10−8 0.05

R–S green 0.0566 0.0263 0.0244 0.5854 0.4134 29.87 1 · 10−8 0.05

T green 0.0076 0.0006 0.0020 0.3879 0.3629 3.65 1 · 10−8 0.05

Notes: This table reports the first part of the calculated parameters for the 37-sector model.

67



T
ab

le
E
.3

:
V
al

ue
s

fo
r
ω
sr

C
od

e
A

B
C

10
-C

12
C

13
–C

15
C

16
C

17
C

18
C

19
C

20
C

21
C

22
C

23
C

24
C

25
C

26
C

27
C

28
C

29
C

30
C

31
–C

32
C

33
D

E
F

G
H

I
J

K
L

M
N

O
P

Q
R

–S
T

A
0.

28
10

0.
00

24
0.

16
37

0.
00

26
0.

00
52

0.
00

26
0.

00
04

0.
03

33
0.

05
27

0.
00

61
0.

00
77

0.
00

64
0.

00
14

0.
00

85
0.

00
15

0.
00

27
0.

01
29

0.
00

44
0.

00
19

0.
00

24
0.

02
45

0.
03

19
0.

01
56

0.
01

99
0.

14
27

0.
02

39
0.

00
18

0.
00

68
0.

03
56

0.
00

83
0.

03
73

0.
03

89
0.

00
60

0.
00

13
0.

00
10

0.
00

44
0.

00
01

B
0.

00
37

0.
09

51
0.

00
78

0.
00

11
0.

00
87

0.
00

61
0.

00
12

0.
02

48
0.

02
66

0.
00

16
0.

00
60

0.
01

93
0.

00
96

0.
01

95
0.

00
24

0.
00

51
0.

02
64

0.
00

42
0.

00
31

0.
00

19
0.

03
61

0.
10

39
0.

03
77

0.
03

54
0.

10
42

0.
10

49
0.

00
76

0.
03

97
0.

03
66

0.
01

90
0.

09
40

0.
07

09
0.

02
28

0.
00

38
0.

00
24

0.
00

68
0.

00
00

C
10

-C
12

0.
27

79
0.

00
15

0.
26

47
0.

00
10

0.
00

31
0.

01
70

0.
00

15
0.

00
23

0.
01

07
0.

00
25

0.
01

38
0.

00
58

0.
00

16
0.

00
83

0.
00

09
0.

00
19

0.
00

58
0.

00
16

0.
00

06
0.

00
15

0.
00

41
0.

02
21

0.
01

08
0.

00
73

0.
12

18
0.

06
33

0.
00

25
0.

01
21

0.
01

92
0.

01
13

0.
05

43
0.

03
32

0.
00

55
0.

00
22

0.
00

11
0.

00
51

0.
00

01
C

13
–C

15
0.

02
37

0.
00

10
0.

02
10

0.
30

93
0.

00
20

0.
00

85
0.

00
25

0.
00

34
0.

05
58

0.
00

25
0.

02
34

0.
00

36
0.

00
30

0.
00

94
0.

00
14

0.
00

32
0.

01
05

0.
00

24
0.

00
14

0.
00

56
0.

00
70

0.
02

66
0.

01
66

0.
01

37
0.

17
19

0.
05

08
0.

00
55

0.
01

84
0.

03
31

0.
02

86
0.

06
72

0.
04

50
0.

00
79

0.
00

26
0.

00
13

0.
01

02
0.

00
00

C
16

0.
14

59
0.

00
06

0.
00

31
0.

00
58

0.
28

22
0.

01
08

0.
00

13
0.

00
37

0.
04

02
0.

00
25

0.
01

39
0.

01
61

0.
00

40
0.

01
65

0.
00

16
0.

00
27

0.
00

76
0.

00
24

0.
00

09
0.

00
94

0.
01

06
0.

03
41

0.
01

64
0.

01
64

0.
14

02
0.

07
22

0.
00

32
0.

01
14

0.
02

27
0.

01
78

0.
03

62
0.

03
31

0.
00

91
0.

00
12

0.
00

09
0.

00
29

0.
00

00
C

17
0.

03
59

0.
00

33
0.

00
90

0.
01

00
0.

02
22

0.
28

29
0.

01
39

0.
00

41
0.

05
15

0.
00

22
0.

01
97

0.
00

19
0.

00
42

0.
00

85
0.

00
23

0.
00

34
0.

01
14

0.
00

19
0.

00
10

0.
00

31
0.

01
51

0.
07

06
0.

05
41

0.
01

11
0.

10
38

0.
08

85
0.

00
39

0.
01

94
0.

02
21

0.
01

29
0.

04
88

0.
03

67
0.

01
15

0.
00

18
0.

00
09

0.
00

62
0.

00
00

C
18

0.
00

12
0.

00
10

0.
00

40
0.

00
71

0.
00

31
0.

19
94

0.
10

56
0.

00
32

0.
04

88
0.

00
29

0.
02

00
0.

00
16

0.
00

44
0.

00
86

0.
00

78
0.

00
41

0.
01

26
0.

00
39

0.
00

14
0.

00
31

0.
00

99
0.

03
36

0.
00

98
0.

02
55

0.
11

73
0.

05
45

0.
00

44
0.

04
29

0.
03

33
0.

03
56

0.
07

52
0.

08
12

0.
01

20
0.

00
53

0.
00

17
0.

01
40

0.
00

00
C

19
0.

00
12

0.
09

64
0.

00
75

0.
00

08
0.

00
07

0.
00

13
0.

00
04

0.
20

45
0.

07
73

0.
00

24
0.

01
01

0.
01

39
0.

00
50

0.
00

84
0.

00
15

0.
00

32
0.

00
71

0.
00

26
0.

00
08

0.
00

14
0.

00
58

0.
04

04
0.

01
09

0.
01

38
0.

15
48

0.
12

92
0.

01
46

0.
01

30
0.

02
87

0.
00

48
0.

06
98

0.
03

05
0.

01
74

0.
00

20
0.

00
18

0.
01

57
0.

00
00

C
20

0.
00

62
0.

00
78

0.
02

80
0.

00
22

0.
00

26
0.

01
14

0.
00

21
0.

06
37

0.
32

53
0.

01
48

0.
01

97
0.

00
74

0.
01

40
0.

01
12

0.
00

21
0.

00
31

0.
00

78
0.

00
35

0.
00

07
0.

00
36

0.
00

93
0.

05
54

0.
01

84
0.

01
27

0.
11

73
0.

06
57

0.
00

32
0.

02
16

0.
02

59
0.

01
05

0.
06

65
0.

03
85

0.
00

88
0.

00
33

0.
00

09
0.

00
46

0.
00

00
C

21
0.

00
28

0.
00

13
0.

02
65

0.
00

32
0.

00
27

0.
01

90
0.

00
52

0.
00

53
0.

11
49

0.
14

14
0.

02
15

0.
00

90
0.

00
61

0.
00

68
0.

00
52

0.
00

29
0.

01
06

0.
00

37
0.

00
10

0.
00

54
0.

00
37

0.
02

11
0.

01
01

0.
01

79
0.

15
94

0.
04

62
0.

00
60

0.
03

47
0.

02
84

0.
01

56
0.

13
44

0.
09

35
0.

01
05

0.
00

94
0.

00
26

0.
01

19
0.

00
00

C
22

0.
01

00
0.

00
11

0.
00

54
0.

00
89

0.
00

41
0.

01
42

0.
00

25
0.

00
79

0.
23

48
0.

00
86

0.
16

15
0.

00
91

0.
01

51
0.

02
53

0.
00

21
0.

00
48

0.
01

39
0.

00
55

0.
00

19
0.

00
49

0.
00

62
0.

04
31

0.
03

56
0.

01
19

0.
11

04
0.

06
51

0.
00

23
0.

01
87

0.
02

53
0.

02
03

0.
05

94
0.

04
49

0.
00

88
0.

00
27

0.
00

09
0.

00
30

0.
00

00
C

23
0.

00
11

0.
05

98
0.

00
45

0.
00

20
0.

00
77

0.
00

90
0.

00
14

0.
01

43
0.

03
63

0.
00

25
0.

01
74

0.
19

28
0.

01
94

0.
01

60
0.

00
25

0.
00

46
0.

01
22

0.
00

72
0.

00
12

0.
00

26
0.

01
22

0.
08

73
0.

02
38

0.
02

27
0.

13
24

0.
10

35
0.

00
30

0.
02

00
0.

02
64

0.
01

88
0.

06
52

0.
05

20
0.

01
01

0.
00

24
0.

00
09

0.
00

45
0.

00
00

C
24

0.
00

10
0.

01
22

0.
00

40
0.

00
10

0.
00

30
0.

00
33

0.
00

09
0.

01
28

0.
02

72
0.

00
14

0.
00

74
0.

00
94

0.
33

71
0.

05
07

0.
00

24
0.

00
67

0.
01

83
0.

00
27

0.
00

14
0.

00
29

0.
01

98
0.

08
24

0.
09

64
0.

01
59

0.
08

49
0.

06
22

0.
00

44
0.

01
32

0.
01

68
0.

00
83

0.
03

84
0.

03
11

0.
01

33
0.

00
15

0.
00

10
0.

00
45

0.
00

00
C

25
0.

00
07

0.
00

15
0.

00
21

0.
00

19
0.

00
45

0.
00

45
0.

00
15

0.
00

27
0.

01
87

0.
00

13
0.

02
23

0.
01

01
0.

18
46

0.
28

39
0.

00
42

0.
01

21
0.

03
28

0.
01

01
0.

00
33

0.
00

43
0.

01
66

0.
02

93
0.

02
37

0.
01

31
0.

09
84

0.
03

74
0.

00
31

0.
02

03
0.

02
30

0.
02

18
0.

04
77

0.
04

57
0.

00
68

0.
00

27
0.

00
07

0.
00

26
0.

00
00

C
26

0.
00

14
0.

00
07

0.
00

37
0.

00
24

0.
00

31
0.

00
82

0.
00

24
0.

00
23

0.
02

28
0.

00
41

0.
02

20
0.

01
21

0.
03

25
0.

04
28

0.
12

37
0.

04
46

0.
03

20
0.

02
18

0.
00

24
0.

01
26

0.
01

50
0.

02
05

0.
00

61
0.

01
26

0.
21

53
0.

06
63

0.
00

29
0.

04
79

0.
02

64
0.

01
82

0.
09

16
0.

05
71

0.
00

83
0.

00
75

0.
00

13
0.

00
52

0.
00

00
C

27
0.

00
07

0.
00

09
0.

00
26

0.
00

19
0.

00
32

0.
00

92
0.

00
21

0.
00

33
0.

02
31

0.
00

28
0.

04
08

0.
01

20
0.

09
62

0.
07

01
0.

03
04

0.
16

30
0.

03
35

0.
01

63
0.

00
27

0.
00

31
0.

01
36

0.
02

59
0.

00
65

0.
01

30
0.

14
34

0.
06

07
0.

00
26

0.
02

83
0.

02
39

0.
01

94
0.

08
13

0.
04

59
0.

00
82

0.
00

44
0.

00
09

0.
00

38
0.

00
00

C
28

0.
00

06
0.

00
07

0.
00

21
0.

00
15

0.
00

29
0.

00
38

0.
00

14
0.

00
27

0.
00

93
0.

00
12

0.
03

05
0.

00
42

0.
06

18
0.

13
58

0.
00

94
0.

02
54

0.
22

92
0.

04
20

0.
00

49
0.

00
74

0.
01

93
0.

01
27

0.
00

62
0.

01
67

0.
12

12
0.

05
06

0.
00

60
0.

02
42

0.
02

26
0.

01
76

0.
06

88
0.

04
41

0.
00

51
0.

00
31

0.
00

11
0.

00
36

0.
00

00
C

29
0.

00
06

0.
00

04
0.

00
18

0.
00

50
0.

00
27

0.
00

20
0.

00
14

0.
00

18
0.

01
39

0.
00

12
0.

04
65

0.
00

79
0.

05
72

0.
07

34
0.

00
85

0.
02

03
0.

05
16

0.
29

69
0.

00
72

0.
00

52
0.

01
58

0.
01

27
0.

00
68

0.
01

18
0.

15
30

0.
04

39
0.

00
14

0.
01

68
0.

01
64

0.
01

42
0.

05
61

0.
03

21
0.

00
45

0.
00

49
0.

00
08

0.
00

34
0.

00
00

C
30

0.
00

06
0.

00
07

0.
00

18
0.

00
42

0.
00

88
0.

00
25

0.
00

10
0.

00
16

0.
01

52
0.

00
12

0.
02

34
0.

00
61

0.
03

22
0.

08
54

0.
02

37
0.

02
32

0.
06

09
0.

01
97

0.
23

96
0.

00
50

0.
06

31
0.

00
99

0.
00

76
0.

01
36

0.
13

19
0.

02
61

0.
00

39
0.

02
04

0.
02

25
0.

01
20

0.
06

72
0.

04
85

0.
00

45
0.

00
55

0.
00

15
0.

00
48

0.
00

00
C

31
–C

32
0.

00
34

0.
00

14
0.

00
55

0.
01

84
0.

09
68

0.
01

22
0.

00
38

0.
00

47
0.

03
34

0.
00

29
0.

03
41

0.
01

29
0.

03
22

0.
04

54
0.

01
70

0.
01

42
0.

01
60

0.
00

91
0.

00
51

0.
10

15
0.

00
93

0.
01

66
0.

00
90

0.
01

56
0.

20
33

0.
05

98
0.

00
42

0.
02

23
0.

02
85

0.
02

63
0.

06
88

0.
04

55
0.

00
65

0.
00

27
0.

00
22

0.
00

92
0.

00
00

C
33

0.
00

06
0.

00
09

0.
00

33
0.

00
32

0.
00

30
0.

00
33

0.
00

11
0.

00
31

0.
01

49
0.

00
14

0.
02

70
0.

00
75

0.
05

85
0.

11
20

0.
02

35
0.

02
96

0.
08

38
0.

02
05

0.
03

81
0.

00
87

0.
11

94
0.

01
15

0.
00

77
0.

02
27

0.
14

29
0.

03
36

0.
00

73
0.

02
11

0.
02

00
0.

01
71

0.
06

48
0.

06
63

0.
00

55
0.

00
68

0.
00

20
0.

00
72

0.
00

00
D

0.
00

45
0.

01
48

0.
00

26
0.

00
04

0.
00

38
0.

00
19

0.
00

06
0.

01
73

0.
01

71
0.

00
10

0.
00

31
0.

00
63

0.
00

32
0.

00
78

0.
00

51
0.

01
23

0.
00

92
0.

00
22

0.
00

08
0.

00
10

0.
00

98
0.

56
31

0.
00

99
0.

03
74

0.
04

25
0.

04
34

0.
00

35
0.

01
91

0.
02

84
0.

01
35

0.
04

08
0.

03
23

0.
03

31
0.

00
32

0.
00

08
0.

00
41

0.
00

00
E

0.
00

12
0.

00
25

0.
00

62
0.

00
15

0.
00

36
0.

00
85

0.
00

18
0.

00
75

0.
01

39
0.

00
17

0.
00

70
0.

00
67

0.
01

76
0.

02
42

0.
00

19
0.

00
45

0.
01

34
0.

01
06

0.
00

14
0.

00
17

0.
01

05
0.

04
11

0.
30

80
0.

05
69

0.
07

61
0.

04
72

0.
00

47
0.

03
27

0.
03

22
0.

01
89

0.
07

93
0.

09
37

0.
04

42
0.

00
31

0.
00

36
0.

01
05

0.
00

00
F

0.
00

22
0.

00
92

0.
00

26
0.

00
20

0.
02

59
0.

00
19

0.
00

06
0.

00
79

0.
01

36
0.

00
15

0.
03

12
0.

07
93

0.
01

78
0.

05
65

0.
00

39
0.

02
15

0.
01

99
0.

00
71

0.
00

18
0.

00
56

0.
00

79
0.

00
98

0.
00

93
0.

30
62

0.
09

10
0.

02
46

0.
00

77
0.

01
13

0.
02

80
0.

04
20

0.
07

30
0.

05
87

0.
01

09
0.

00
20

0.
00

11
0.

00
45

0.
00

00
G

0.
00

52
0.

00
08

0.
01

02
0.

00
27

0.
00

19
0.

00
64

0.
00

53
0.

00
71

0.
00

66
0.

00
15

0.
01

02
0.

00
32

0.
00

26
0.

00
59

0.
00

29
0.

00
40

0.
00

74
0.

01
92

0.
00

18
0.

00
23

0.
00

61
0.

02
90

0.
00

91
0.

01
79

0.
13

86
0.

20
09

0.
01

26
0.

04
86

0.
06

07
0.

11
69

0.
13

38
0.

08
97

0.
00

90
0.

00
60

0.
00

35
0.

01
05

0.
00

00
H

0.
00

11
0.

00
10

0.
00

54
0.

00
07

0.
00

11
0.

00
27

0.
00

22
0.

04
16

0.
00

36
0.

00
08

0.
00

51
0.

00
15

0.
00

23
0.

00
54

0.
00

20
0.

00
31

0.
00

63
0.

01
12

0.
00

43
0.

00
15

0.
01

17
0.

02
51

0.
00

49
0.

02
62

0.
07

33
0.

47
38

0.
01

23
0.

03
31

0.
04

46
0.

02
96

0.
06

07
0.

07
53

0.
01

24
0.

00
62

0.
00

16
0.

00
60

0.
00

00
I

0.
04

79
0.

00
10

0.
32

15
0.

00
30

0.
00

19
0.

00
57

0.
00

27
0.

00
37

0.
00

75
0.

00
18

0.
00

32
0.

00
36

0.
00

10
0.

00
33

0.
00

12
0.

00
41

0.
00

41
0.

00
14

0.
00

12
0.

00
32

0.
00

25
0.

03
78

0.
01

98
0.

01
86

0.
15

84
0.

02
92

0.
01

31
0.

03
32

0.
03

50
0.

09
82

0.
05

09
0.

04
83

0.
00

81
0.

00
23

0.
00

38
0.

01
82

0.
00

00
J

0.
00

07
0.

00
04

0.
00

44
0.

00
14

0.
00

14
0.

00
92

0.
01

80
0.

00
21

0.
00

46
0.

00
14

0.
00

39
0.

00
12

0.
00

12
0.

00
35

0.
01

45
0.

00
62

0.
00

67
0.

00
56

0.
00

16
0.

00
22

0.
00

47
0.

01
83

0.
00

58
0.

01
76

0.
08

53
0.

03
52

0.
00

92
0.

40
67

0.
03

57
0.

04
92

0.
12

11
0.

08
16

0.
00

90
0.

00
97

0.
00

27
0.

01
83

0.
00

00
K

0.
00

02
0.

00
01

0.
00

11
0.

00
03

0.
00

02
0.

00
29

0.
00

50
0.

00
13

0.
00

12
0.

00
06

0.
00

10
0.

00
02

0.
00

03
0.

00
05

0.
00

17
0.

00
07

0.
00

12
0.

00
12

0.
00

02
0.

00
08

0.
00

07
0.

00
70

0.
00

26
0.

01
06

0.
02

16
0.

01
78

0.
00

61
0.

07
81

0.
58

24
0.

05
01

0.
12

33
0.

05
84

0.
00

56
0.

00
56

0.
00

19
0.

00
72

0.
00

00
L

0.
00

08
0.

00
10

0.
00

23
0.

00
09

0.
00

44
0.

00
20

0.
00

16
0.

00
16

0.
00

50
0.

00
09

0.
00

32
0.

00
72

0.
00

27
0.

00
57

0.
00

12
0.

00
25

0.
00

25
0.

00
11

0.
00

04
0.

00
17

0.
00

29
0.

02
14

0.
01

59
0.

25
38

0.
01

94
0.

00
87

0.
00

45
0.

01
74

0.
27

95
0.

13
13

0.
11

28
0.

06
25

0.
01

29
0.

00
32

0.
00

09
0.

00
41

0.
00

00
M

0.
00

10
0.

00
07

0.
00

60
0.

00
13

0.
00

11
0.

00
83

0.
01

08
0.

00
36

0.
00

65
0.

00
30

0.
00

52
0.

00
22

0.
00

24
0.

00
45

0.
00

56
0.

00
43

0.
00

64
0.

00
35

0.
00

12
0.

00
26

0.
00

36
0.

01
37

0.
00

70
0.

02
29

0.
04

97
0.

03
08

0.
01

09
0.

10
10

0.
05

41
0.

06
66

0.
41

95
0.

08
96

0.
01

97
0.

01
15

0.
00

49
0.

01
41

0.
00

00
N

0.
00

86
0.

00
10

0.
00

72
0.

00
31

0.
00

42
0.

01
28

0.
01

36
0.

00
68

0.
01

08
0.

00
28

0.
00

99
0.

00
52

0.
00

23
0.

00
97

0.
00

48
0.

00
53

0.
00

85
0.

00
79

0.
00

53
0.

00
35

0.
00

61
0.

01
19

0.
01

10
0.

02
53

0.
07

45
0.

05
84

0.
02

69
0.

06
81

0.
05

39
0.

06
85

0.
18

82
0.

22
43

0.
01

43
0.

00
73

0.
00

89
0.

01
91

0.
00

00
O

0.
00

48
0.

00
22

0.
02

10
0.

00
19

0.
00

14
0.

00
49

0.
00

74
0.

00
83

0.
00

54
0.

00
17

0.
00

22
0.

00
25

0.
00

26
0.

00
69

0.
00

54
0.

00
31

0.
00

49
0.

00
43

0.
01

59
0.

00
33

0.
01

12
0.

04
02

0.
05

51
0.

08
39

0.
05

78
0.

06
96

0.
01

05
0.

08
33

0.
07

55
0.

06
17

0.
10

24
0.

12
29

0.
04

88
0.

02
55

0.
01

17
0.

02
98

0.
00

01
P

0.
00

39
0.

00
08

0.
03

62
0.

00
17

0.
00

23
0.

00
61

0.
00

96
0.

00
71

0.
00

55
0.

00
32

0.
00

17
0.

00
28

0.
00

08
0.

00
27

0.
00

41
0.

00
21

0.
00

29
0.

00
26

0.
00

10
0.

00
51

0.
00

29
0.

05
23

0.
01

73
0.

07
34

0.
06

22
0.

09
08

0.
02

40
0.

07
88

0.
04

70
0.

04
65

0.
07

92
0.

10
80

0.
01

21
0.

16
45

0.
01

41
0.

02
48

0.
00

00
Q

0.
00

44
0.

00
06

0.
04

86
0.

00
42

0.
00

14
0.

00
45

0.
00

32
0.

00
45

0.
02

17
0.

05
99

0.
00

64
0.

00
35

0.
00

43
0.

00
37

0.
00

77
0.

00
28

0.
00

52
0.

00
26

0.
00

11
0.

03
42

0.
00

81
0.

03
58

0.
01

51
0.

03
55

0.
15

14
0.

02
51

0.
01

81
0.

04
22

0.
03

84
0.

05
16

0.
05

93
0.

08
31

0.
00

99
0.

01
61

0.
16

67
0.

01
88

0.
00

00
R

–S
0.

00
48

0.
00

08
0.

01
84

0.
00

53
0.

00
81

0.
00

53
0.

01
19

0.
00

63
0.

01
37

0.
00

33
0.

00
61

0.
00

36
0.

00
23

0.
00

54
0.

00
54

0.
00

47
0.

00
58

0.
00

39
0.

00
17

0.
00

71
0.

00
51

0.
04

79
0.

01
65

0.
03

23
0.

07
78

0.
04

32
0.

02
38

0.
08

83
0.

05
82

0.
06

21
0.

11
24

0.
09

06
0.

01
82

0.
01

03
0.

00
77

0.
18

16
0.

00
00

T
0.

02
21

0.
00

01
0.

00
13

0.
00

03
0.

00
16

0.
01

06
0.

00
01

0.
00

04
0.

01
20

0.
00

04
0.

02
15

0.
00

03
0.

00
12

0.
00

22
0.

00
22

0.
02

83
0.

00
78

0.
00

14
0.

00
02

0.
00

07
0.

00
04

0.
26

02
0.

07
62

0.
01

61
0.

40
16

0.
00

27
0.

00
01

0.
00

23
0.

00
54

0.
08

25
0.

00
08

0.
02

67
0.

00
16

0.
00

01
0.

00
12

0.
00

64
0.

00
07

N
ot

es
:

T
hi

s
ta

bl
e

re
po

rt
s

th
e

se
co

nd
pa

rt
of

th
e

ca
lc

ul
at

ed
pa

ra
m

et
er

s
fo

r
th

e
37

-s
ec

to
r

m
od

el
.

68



T
ab

le
E
.4

:
V
al

ue
s

fo
r
ω
i sr

C
od

e
A

B
C

10
-C

12
C

13
–C

15
C

16
C

17
C

18
C

19
C

20
C

21
C

22
C

23
C

24
C

25
C

26
C

27
C

28
C

29
C

30
C

31
–C

32
C

33
D

E
F

G
H

I
J

K
L

M
N

O
P

Q
R

–S
T

A
0.

04
92

0.
00

03
0.

00
01

0.
00

02
0.

00
03

0.
00

00
0.

00
01

0.
00

00
0.

00
05

0.
00

00
0.

00
05

0.
00

03
0.

00
04

0.
07

29
0.

03
35

0.
08

35
0.

10
76

0.
02

52
0.

01
77

0.
01

96
0.

12
41

0.
00

64
0.

00
11

0.
32

65
0.

00
35

0.
00

50
0.

00
03

0.
00

60
0.

00
25

0.
01

90
0.

00
26

0.
00

40
0.

00
09

0.
00

24
0.

00
01

0.
08

38
0.

00
00

B
0.

00
01

0.
00

02
0.

00
01

0.
00

01
0.

00
02

0.
00

01
0.

00
01

0.
00

00
0.

00
06

0.
00

00
0.

00
04

0.
00

02
0.

00
04

0.
08

84
0.

04
36

0.
10

36
0.

13
06

0.
02

52
0.

01
22

0.
02

33
0.

14
43

0.
00

26
0.

00
06

0.
13

65
0.

00
36

0.
00

26
0.

00
02

0.
03

61
0.

03
27

0.
00

82
0.

03
28

0.
03

34
0.

00
04

0.
03

26
0.

00
01

0.
10

39
0.

00
00

C
10

-C
12

0.
00

03
0.

00
01

0.
00

01
0.

00
02

0.
00

03
0.

00
00

0.
00

01
0.

00
00

0.
00

04
0.

00
00

0.
00

05
0.

00
02

0.
00

04
0.

11
03

0.
05

16
0.

12
86

0.
15

90
0.

03
02

0.
01

48
0.

02
84

0.
17

67
0.

00
29

0.
00

05
0.

13
69

0.
00

30
0.

00
24

0.
00

01
0.

00
76

0.
00

15
0.

00
79

0.
00

21
0.

00
22

0.
00

04
0.

00
15

0.
00

01
0.

12
87

0.
00

00
C

13
–C

15
0.

00
01

0.
00

02
0.

00
01

0.
00

02
0.

00
04

0.
00

00
0.

00
02

0.
00

00
0.

00
04

0.
00

00
0.

00
06

0.
00

03
0.

00
04

0.
10

19
0.

05
17

0.
12

05
0.

14
75

0.
02

76
0.

01
27

0.
02

61
0.

16
62

0.
00

33
0.

00
07

0.
16

60
0.

00
46

0.
00

33
0.

00
03

0.
01

51
0.

00
18

0.
01

01
0.

00
27

0.
00

29
0.

00
05

0.
00

19
0.

00
01

0.
12

96
0.

00
00

C
16

0.
00

01
0.

00
01

0.
00

01
0.

00
02

0.
00

03
0.

00
00

0.
00

01
0.

00
00

0.
00

04
0.

00
00

0.
00

05
0.

00
03

0.
00

04
0.

11
12

0.
05

74
0.

13
19

0.
16

55
0.

03
09

0.
01

51
0.

02
73

0.
18

37
0.

00
24

0.
00

05
0.

11
26

0.
00

31
0.

00
24

0.
00

01
0.

00
79

0.
00

11
0.

00
58

0.
00

25
0.

00
19

0.
00

03
0.

00
12

0.
00

01
0.

13
24

0.
00

00
C

17
0.

00
01

0.
00

01
0.

00
01

0.
00

02
0.

00
04

0.
00

00
0.

00
01

0.
00

00
0.

00
04

0.
00

00
0.

00
06

0.
00

02
0.

00
04

0.
11

31
0.

05
72

0.
13

45
0.

16
56

0.
03

04
0.

01
39

0.
02

69
0.

18
42

0.
00

23
0.

00
05

0.
10

68
0.

00
30

0.
00

21
0.

00
02

0.
00

83
0.

00
11

0.
00

65
0.

00
23

0.
00

18
0.

00
03

0.
00

11
0.

00
01

0.
13

53
0.

00
00

C
18

0.
00

03
0.

00
03

0.
00

02
0.

00
01

0.
00

01
0.

00
01

0.
00

09
0.

00
02

0.
00

20
0.

00
01

0.
00

03
0.

00
03

0.
00

03
0.

02
74

0.
02

45
0.

03
97

0.
05

64
0.

01
33

0.
01

00
0.

00
75

0.
06

20
0.

00
55

0.
00

10
0.

14
10

0.
00

78
0.

00
56

0.
00

02
0.

15
31

0.
07

91
0.

00
69

0.
07

98
0.

07
99

0.
00

09
0.

07
87

0.
00

02
0.

11
41

0.
00

00
C

19
0.

00
04

0.
00

02
0.

00
01

0.
00

02
0.

00
04

0.
00

00
0.

00
02

0.
00

00
0.

00
04

0.
00

00
0.

00
06

0.
00

03
0.

00
05

0.
10

43
0.

05
16

0.
12

31
0.

14
93

0.
02

76
0.

01
28

0.
02

75
0.

16
87

0.
00

19
0.

00
05

0.
16

38
0.

00
37

0.
00

25
0.

00
03

0.
00

81
0.

00
33

0.
01

14
0.

00
38

0.
00

41
0.

00
05

0.
00

32
0.

00
01

0.
12

44
0.

00
00

C
20

0.
00

02
0.

00
01

0.
00

01
0.

00
02

0.
00

04
0.

00
01

0.
00

02
0.

00
00

0.
00

07
0.

00
00

0.
00

06
0.

00
02

0.
00

05
0.

11
12

0.
05

50
0.

13
14

0.
16

22
0.

03
16

0.
01

47
0.

02
93

0.
18

09
0.

00
29

0.
00

05
0.

10
47

0.
00

31
0.

00
24

0.
00

01
0.

01
32

0.
00

20
0.

00
55

0.
00

46
0.

00
26

0.
00

03
0.

00
22

0.
00

01
0.

13
63

0.
00

00
C

21
0.

00
06

0.
00

01
0.

00
01

0.
00

02
0.

00
04

0.
00

00
0.

00
02

0.
00

00
0.

00
05

0.
00

01
0.

00
05

0.
00

02
0.

00
04

0.
10

71
0.

05
33

0.
12

76
0.

15
47

0.
02

89
0.

01
40

0.
02

83
0.

17
45

0.
00

15
0.

00
03

0.
12

85
0.

00
26

0.
00

18
0.

00
01

0.
01

63
0.

00
19

0.
00

80
0.

00
46

0.
00

23
0.

00
03

0.
00

21
0.

00
01

0.
13

79
0.

00
00

C
22

0.
00

03
0.

00
01

0.
00

01
0.

00
02

0.
00

03
0.

00
00

0.
00

01
0.

00
00

0.
00

05
0.

00
00

0.
00

05
0.

00
02

0.
00

04
0.

11
33

0.
05

48
0.

13
39

0.
16

58
0.

03
22

0.
01

56
0.

02
91

0.
18

37
0.

00
26

0.
00

05
0.

10
56

0.
00

27
0.

00
22

0.
00

01
0.

00
81

0.
00

11
0.

00
62

0.
00

22
0.

00
16

0.
00

03
0.

00
12

0.
00

01
0.

13
43

0.
00

00
C

23
0.

00
03

0.
00

02
0.

00
01

0.
00

02
0.

00
04

0.
00

00
0.

00
02

0.
00

00
0.

00
05

0.
00

00
0.

00
06

0.
00

03
0.

00
04

0.
11

01
0.

05
47

0.
13

03
0.

15
96

0.
03

07
0.

01
42

0.
02

88
0.

17
90

0.
00

26
0.

00
05

0.
12

56
0.

00
35

0.
00

24
0.

00
02

0.
00

77
0.

00
13

0.
00

78
0.

00
24

0.
00

20
0.

00
04

0.
00

14
0.

00
01

0.
13

15
0.

00
00

C
24

0.
00

01
0.

00
02

0.
00

01
0.

00
02

0.
00

03
0.

00
00

0.
00

01
0.

00
00

0.
00

05
0.

00
00

0.
00

06
0.

00
03

0.
00

04
0.

11
22

0.
05

44
0.

13
23

0.
16

32
0.

03
21

0.
01

53
0.

02
87

0.
18

19
0.

00
27

0.
00

05
0.

11
57

0.
00

33
0.

00
27

0.
00

01
0.

00
65

0.
00

13
0.

00
64

0.
00

25
0.

00
19

0.
00

03
0.

00
14

0.
00

01
0.

13
14

0.
00

00
C

25
0.

00
01

0.
00

01
0.

00
01

0.
00

02
0.

00
03

0.
00

01
0.

00
01

0.
00

00
0.

00
06

0.
00

00
0.

00
06

0.
00

02
0.

00
04

0.
10

90
0.

05
42

0.
12

93
0.

16
06

0.
03

16
0.

01
53

0.
02

80
0.

17
86

0.
00

31
0.

00
05

0.
11

71
0.

00
29

0.
00

26
0.

00
01

0.
01

37
0.

00
14

0.
00

62
0.

00
38

0.
00

21
0.

00
03

0.
00

16
0.

00
01

0.
13

53
0.

00
00

C
26

0.
00

04
0.

00
01

0.
00

01
0.

00
02

0.
00

03
0.

00
01

0.
00

02
0.

00
00

0.
00

08
0.

00
00

0.
00

05
0.

00
02

0.
00

04
0.

10
06

0.
05

31
0.

12
10

0.
15

27
0.

02
98

0.
01

46
0.

02
61

0.
16

84
0.

00
30

0.
00

05
0.

11
41

0.
00

36
0.

00
28

0.
00

01
0.

03
70

0.
00

20
0.

00
60

0.
00

65
0.

00
26

0.
00

04
0.

00
23

0.
00

01
0.

14
95

0.
00

00
C

27
0.

00
02

0.
00

01
0.

00
01

0.
00

02
0.

00
03

0.
00

01
0.

00
02

0.
00

00
0.

00
07

0.
00

00
0.

00
06

0.
00

02
0.

00
04

0.
10

35
0.

05
41

0.
12

43
0.

15
61

0.
03

06
0.

01
49

0.
02

67
0.

17
25

0.
00

34
0.

00
06

0.
11

45
0.

00
33

0.
00

27
0.

00
01

0.
02

74
0.

00
17

0.
00

58
0.

00
66

0.
00

24
0.

00
03

0.
00

22
0.

00
01

0.
14

33
0.

00
00

C
28

0.
00

02
0.

00
01

0.
00

01
0.

00
02

0.
00

02
0.

00
01

0.
00

02
0.

00
00

0.
00

07
0.

00
00

0.
00

05
0.

00
02

0.
00

04
0.

10
53

0.
05

47
0.

12
65

0.
15

92
0.

03
14

0.
01

54
0.

02
73

0.
17

55
0.

00
32

0.
00

05
0.

10
16

0.
00

31
0.

00
25

0.
00

01
0.

02
83

0.
00

17
0.

00
52

0.
00

49
0.

00
23

0.
00

03
0.

00
20

0.
00

01
0.

14
59

0.
00

00
C

29
0.

00
02

0.
00

01
0.

00
01

0.
00

01
0.

00
02

0.
00

01
0.

00
02

0.
00

00
0.

00
07

0.
00

00
0.

00
05

0.
00

02
0.

00
04

0.
10

75
0.

05
58

0.
12

93
0.

16
31

0.
03

24
0.

01
59

0.
02

81
0.

17
93

0.
00

29
0.

00
05

0.
08

60
0.

00
30

0.
00

24
0.

00
01

0.
02

82
0.

00
17

0.
00

45
0.

00
36

0.
00

22
0.

00
03

0.
00

19
0.

00
01

0.
14

83
0.

00
00

C
30

0.
00

02
0.

00
01

0.
00

01
0.

00
01

0.
00

02
0.

00
01

0.
00

02
0.

00
00

0.
00

07
0.

00
00

0.
00

05
0.

00
02

0.
00

04
0.

11
00

0.
05

62
0.

13
19

0.
16

57
0.

03
30

0.
01

63
0.

02
87

0.
18

25
0.

00
27

0.
00

05
0.

07
93

0.
00

27
0.

00
22

0.
00

01
0.

02
51

0.
00

15
0.

00
43

0.
00

28
0.

00
20

0.
00

03
0.

00
17

0.
00

01
0.

14
79

0.
00

00
C

31
–C

32
0.

00
03

0.
00

01
0.

00
01

0.
00

02
0.

00
03

0.
00

01
0.

00
02

0.
00

00
0.

00
06

0.
00

00
0.

00
05

0.
00

02
0.

00
04

0.
09

86
0.

05
09

0.
11

74
0.

14
79

0.
02

93
0.

01
49

0.
02

58
0.

16
44

0.
00

30
0.

00
05

0.
13

34
0.

00
33

0.
00

29
0.

00
01

0.
03

78
0.

00
19

0.
00

75
0.

00
44

0.
00

26
0.

00
04

0.
00

21
0.

00
01

0.
14

77
0.

00
00

C
33

0.
00

02
0.

00
01

0.
00

01
0.

00
02

0.
00

03
0.

00
01

0.
00

02
0.

00
00

0.
00

07
0.

00
00

0.
00

05
0.

00
02

0.
00

04
0.

10
69

0.
05

46
0.

12
77

0.
16

00
0.

03
15

0.
01

54
0.

02
77

0.
17

69
0.

00
30

0.
00

05
0.

10
41

0.
00

30
0.

00
25

0.
00

01
0.

02
41

0.
00

16
0.

00
55

0.
00

42
0.

00
22

0.
00

03
0.

00
18

0.
00

01
0.

14
34

0.
00

00
D

0.
00

04
0.

00
03

0.
00

01
0.

00
02

0.
00

04
0.

00
01

0.
00

02
0.

00
00

0.
00

06
0.

00
00

0.
00

05
0.

00
03

0.
00

04
0.

07
23

0.
03

73
0.

08
59

0.
10

49
0.

02
08

0.
01

06
0.

01
90

0.
12

02
0.

00
91

0.
00

14
0.

37
44

0.
00

35
0.

00
59

0.
00

03
0.

01
02

0.
00

18
0.

02
00

0.
00

21
0.

00
38

0.
00

06
0.

00
17

0.
00

01
0.

09
06

0.
00

00
E

0.
00

02
0.

00
02

0.
00

01
0.

00
01

0.
00

02
0.

00
01

0.
00

01
0.

00
00

0.
00

08
0.

00
00

0.
00

04
0.

00
02

0.
00

03
0.

06
83

0.
03

55
0.

08
16

0.
10

31
0.

02
03

0.
01

13
0.

01
76

0.
11

51
0.

01
36

0.
00

18
0.

39
50

0.
00

28
0.

00
72

0.
00

02
0.

01
07

0.
00

21
0.

01
81

0.
00

23
0.

00
40

0.
00

06
0.

00
20

0.
00

01
0.

08
38

0.
00

00
F

0.
00

04
0.

00
05

0.
00

02
0.

00
01

0.
00

02
0.

00
01

0.
00

01
0.

00
00

0.
00

05
0.

00
00

0.
00

04
0.

00
04

0.
00

03
0.

06
07

0.
03

14
0.

07
19

0.
11

26
0.

04
00

0.
03

67
0.

01
55

0.
12

87
0.

00
50

0.
00

11
0.

35
25

0.
00

43
0.

00
42

0.
00

04
0.

01
32

0.
00

17
0.

02
63

0.
00

20
0.

00
31

0.
00

11
0.

00
16

0.
00

01
0.

08
24

0.
00

00
G

0.
00

03
0.

00
02

0.
00

01
0.

00
02

0.
00

02
0.

00
01

0.
00

02
0.

00
00

0.
00

07
0.

00
00

0.
00

05
0.

00
03

0.
00

03
0.

06
09

0.
04

10
0.

07
54

0.
12

21
0.

04
02

0.
03

70
0.

01
58

0.
13

90
0.

00
61

0.
00

10
0.

28
93

0.
00

50
0.

00
54

0.
00

03
0.

02
77

0.
00

31
0.

01
79

0.
00

40
0.

00
47

0.
00

09
0.

00
30

0.
00

01
0.

09
68

0.
00

00
H

0.
00

02
0.

00
02

0.
00

01
0.

00
01

0.
00

01
0.

00
00

0.
00

02
0.

00
00

0.
00

05
0.

00
00

0.
00

03
0.

00
02

0.
00

03
0.

03
47

0.
04

22
0.

06
21

0.
14

21
0.

07
67

0.
08

83
0.

00
93

0.
16

53
0.

00
59

0.
00

09
0.

24
25

0.
00

37
0.

00
44

0.
00

02
0.

01
62

0.
00

43
0.

01
33

0.
00

46
0.

00
55

0.
00

05
0.

00
42

0.
00

01
0.

07
07

0.
00

00
I

0.
00

04
0.

00
06

0.
00

02
0.

00
03

0.
00

05
0.

00
01

0.
00

03
0.

00
00

0.
00

06
0.

00
00

0.
00

06
0.

00
05

0.
00

05
0.

05
95

0.
03

92
0.

07
53

0.
09

41
0.

02
09

0.
01

24
0.

01
76

0.
11

11
0.

00
58

0.
00

13
0.

40
93

0.
00

70
0.

00
60

0.
00

05
0.

01
07

0.
00

25
0.

02
84

0.
00

27
0.

00
43

0.
00

12
0.

00
24

0.
00

01
0.

08
34

0.
00

00
J

0.
00

04
0.

00
02

0.
00

01
0.

00
01

0.
00

01
0.

00
00

0.
00

03
0.

00
00

0.
00

06
0.

00
00

0.
00

03
0.

00
02

0.
00

03
0.

03
98

0.
05

49
0.

07
43

0.
13

38
0.

05
22

0.
05

54
0.

01
08

0.
15

01
0.

00
48

0.
00

08
0.

20
66

0.
00

47
0.

00
45

0.
00

02
0.

04
45

0.
00

98
0.

01
20

0.
01

10
0.

01
09

0.
00

07
0.

00
98

0.
00

01
0.

10
55

0.
00

00
K

0.
00

05
0.

00
02

0.
00

02
0.

00
01

0.
00

02
0.

00
01

0.
00

02
0.

00
00

0.
00

05
0.

00
00

0.
00

03
0.

00
03

0.
00

03
0.

03
50

0.
03

59
0.

04
87

0.
10

76
0.

04
90

0.
05

24
0.

01
00

0.
12

33
0.

00
61

0.
00

10
0.

34
04

0.
00

49
0.

00
65

0.
00

03
0.

04
64

0.
00

44
0.

01
99

0.
00

59
0.

00
59

0.
00

14
0.

00
41

0.
00

01
0.

08
79

0.
00

00
L

0.
00

04
0.

00
05

0.
00

02
0.

00
01

0.
00

01
0.

00
01

0.
00

01
0.

00
00

0.
00

09
0.

00
00

0.
00

03
0.

00
04

0.
00

02
0.

00
32

0.
00

26
0.

00
34

0.
00

58
0.

00
21

0.
00

19
0.

00
14

0.
00

77
0.

02
01

0.
00

29
0.

84
25

0.
00

39
0.

01
17

0.
00

06
0.

01
18

0.
00

37
0.

04
78

0.
00

39
0.

00
74

0.
00

13
0.

00
35

0.
00

01
0.

00
78

0.
00

00
M

0.
00

03
0.

00
02

0.
00

01
0.

00
01

0.
00

01
0.

00
01

0.
00

01
0.

00
00

0.
00

06
0.

00
00

0.
00

04
0.

00
02

0.
00

03
0.

05
15

0.
03

63
0.

06
54

0.
11

62
0.

04
45

0.
04

35
0.

01
33

0.
13

12
0.

01
03

0.
00

14
0.

34
32

0.
00

30
0.

00
59

0.
00

02
0.

02
17

0.
00

24
0.

01
80

0.
00

34
0.

00
41

0.
00

06
0.

00
23

0.
00

01
0.

07
91

0.
00

00
N

0.
00

03
0.

00
01

0.
00

01
0.

00
01

0.
00

01
0.

00
00

0.
00

01
0.

00
00

0.
00

05
0.

00
00

0.
00

04
0.

00
02

0.
00

02
0.

04
36

0.
04

13
0.

05
87

0.
15

32
0.

08
18

0.
08

92
0.

01
11

0.
17

40
0.

00
62

0.
00

09
0.

21
10

0.
00

31
0.

00
40

0.
00

01
0.

02
08

0.
00

36
0.

01
07

0.
00

43
0.

00
46

0.
00

05
0.

00
35

0.
00

01
0.

07
16

0.
00

00
O

0.
00

04
0.

00
04

0.
00

02
0.

00
01

0.
00

02
0.

00
01

0.
00

01
0.

00
00

0.
00

07
0.

00
00

0.
00

04
0.

00
03

0.
00

03
0.

03
13

0.
01

94
0.

03
84

0.
05

36
0.

01
39

0.
01

06
0.

00
86

0.
06

14
0.

01
28

0.
00

19
0.

61
09

0.
00

43
0.

00
92

0.
00

06
0.

01
50

0.
00

50
0.

03
55

0.
00

54
0.

00
78

0.
00

11
0.

00
48

0.
00

01
0.

04
50

0.
00

00
P

0.
00

03
0.

00
02

0.
00

01
0.

00
01

0.
00

01
0.

00
01

0.
00

02
0.

00
00

0.
00

06
0.

00
00

0.
00

04
0.

00
02

0.
00

03
0.

03
68

0.
03

19
0.

04
89

0.
10

66
0.

05
01

0.
05

38
0.

00
95

0.
12

24
0.

00
87

0.
00

13
0.

37
67

0.
00

44
0.

00
61

0.
00

03
0.

02
94

0.
00

30
0.

02
08

0.
00

59
0.

00
47

0.
00

08
0.

00
31

0.
00

01
0.

07
19

0.
00

00
Q

0.
00

02
0.

00
02

0.
00

01
0.

00
01

0.
00

01
0.

00
01

0.
00

01
0.

00
00

0.
00

08
0.

00
00

0.
00

04
0.

00
02

0.
00

03
0.

05
44

0.
03

08
0.

06
58

0.
08

84
0.

01
99

0.
01

25
0.

01
42

0.
09

78
0.

01
54

0.
00

20
0.

46
59

0.
00

21
0.

00
78

0.
00

02
0.

01
35

0.
00

25
0.

02
37

0.
00

27
0.

00
47

0.
00

07
0.

00
24

0.
00

01
0.

06
97

0.
00

00
R

–S
0.

00
04

0.
00

02
0.

00
01

0.
00

01
0.

00
02

0.
00

01
0.

00
03

0.
00

00
0.

00
08

0.
00

00
0.

00
05

0.
00

03
0.

00
03

0.
06

95
0.

04
28

0.
08

58
0.

11
74

0.
02

76
0.

01
89

0.
01

82
0.

13
12

0.
00

65
0.

00
10

0.
24

59
0.

00
43

0.
00

49
0.

00
02

0.
04

86
0.

00
82

0.
01

40
0.

01
10

0.
00

95
0.

00
07

0.
00

83
0.

00
01

0.
12

17
0.

00
00

T
0.

00
08

0.
00

01
0.

00
02

0.
00

03
0.

00
03

0.
00

00
0.

00
01

0.
00

01
0.

00
02

0.
00

00
0.

00
04

0.
00

03
0.

00
03

0.
04

18
0.

02
13

0.
04

87
0.

06
56

0.
01

82
0.

01
43

0.
01

05
0.

07
74

0.
00

33
0.

00
08

0.
56

61
0.

00
30

0.
00

65
0.

00
11

0.
01

39
0.

00
27

0.
02

93
0.

00
33

0.
00

68
0.

00
00

0.
00

27
0.

00
02

0.
05

93
0.

00
00

N
ot

es
:

T
hi

s
ta

bl
e

re
po

rt
s

th
e

th
ir

d
pa

rt
of

th
e

ca
lc

ul
at

ed
pa

ra
m

et
er

s
fo

r
th

e
37

-s
ec

to
r

m
od

el
.

69



Table E.5: Brown intermediate inputs ratio

Code Type of sector Brown ratio

A brown 0.73

B brown 0.65

C10–C12 brown 0.75
C13–C15 brown 0.66

C16 brown 0.75

C17 brown 0.76

C18 brown 0.66

C19 brown 0.66

C20 brown 0.73

C21 brown 0.54

C22 brown 0.74

C23 brown 0.70

C24 brown 0.80

C25 brown 0.77

C26 brown 0.58

C27 brown 0.69

C28 brown 0.72

C29 brown 0.73

C30 brown 0.71

C31-32 brown 0.63
C33 brown 0.68

D brown 0.81

E brown 0.65

F brown 0.72

G green 0.54

H brown 0.71

I green 0.66

J brown 0.63

K green 0.19

L brown 0.50

M green 0.33

N green 0.38

O green 0.52

P green 0.46

Q green 0.44

R–S green 0.42

T green 0.56

Notes: This table reports sector types and the ratio of brown intermediate inputs in total intermediate
inputs at NACE level 2 sectors.
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F Data

In this appendix, we describe the data utilised for the calculation of empirical moments
of the euro area economy.

All macroeconomic growth rates dxt are calculated by computing the quarterly log
growth rate and then annualising the quarterly growth rates by summing up four con-
secutive quarterly growth rates using the following data:

1. real GDP Yt – “gross domestic product at market prices”;

2. consumption Ct – “household and NPISH final consumption expenditure”;

3. investment It – “gross fixed capital formation”.

All these variables are measured using chain linked volumes (2015), millions of euro,
seasonally and calendar adjusted data, euro area – 19 countries (from 2015) and have
been downloaded from Eurostat. The ratio It/Yt is computed using the same data.

Aggregate inflation Πt is given by the monthly data series “harmonised index of con-
sumer prices (HICP) - all items, measured by growth rate on previous period (t/t-1),
neither seasonally adjusted nor calendar adjusted data, euro area – 19 countries (from
2015)”, from Eurostat.

The nominal risk-free interest rate it is identified in the data by using the daily time
series “ECB interest rate on deposit facility”, available from the ECB.

The nominal deposit interest rate RD
t is identified in the data by using the monthly

time series “euro area (changing composition), annualised agreed rate (AAR)/narrowly
defined effective rate (NDER), credit and other institutions (MFI except MMFs and cen-
tral banks) reporting sector – Overnight deposits, total original maturity, new business
coverage, non-financial corporations and households (S.11 and S.14 and S.15) sector, de-
nominated in euro”, available at the ECB Statistical Data Warehouse, only from 2003:M1
onward though.

The nominal loan interest rate Ri
t is identified in the data by using the monthly time

series “euro area (changing composition), annualised agreed rate (AAR) / narrowly de-
fined effective rate (NDER), credit and other institutions (MFI except MMFs and central
banks) reporting sector – loans, total original maturity, outstanding amount business
coverage, non-financial corporations (S.11) sector, denominated in euro”, available at the
ECB Statistical Data Warehouse, only from 2003:M1 onward though.

The loan to annualised GDP ratio ℓt/(4Yt) is computed using quarterly data for
nominal GDP Yt, i.e. “gross domestic product at market prices, current prices, millions
of euro, seasonally and calendar adjusted data, euro area – 19 countries (from 2015)”, from
Eurostat and quarterly data on “euro area (changing composition), outstanding amounts
at the end of the period (stocks), MFIs excluding ESCB reporting sector – loans, total
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maturity, all currencies combined – domestic (home or reference area) counterpart, non-
MFI sector, denominated in euro, data neither seasonally nor working day adjusted, end
of period (E), millions of euro” from the ECB Statistical Data Warehouse.

Bank leverage is computed as the weighted average leverage ratio of MFI and non-MFI
leverage using quarterly data from Eurostat on “Financial balance sheets”.
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G Additional Benchmark Impulse Response Functions

In this section, we provide additional impulse response functions for the benchmark
model.

Figure G.1: Impulse response functions – capital utilisation rate shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous declines of 10% in logarithmic terms
in capital utilisation rates in period 1. The black solid lines correspond to the simulation that sees an
exogenous decline in the capital utilisation rates of all sectors, while the blue dashed lines depict the
economic effects of a decline in the capital utilisation rates of the brown sectors only (see Table E.2 for
the classification of sectors into brown and green).
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Figure G.2: Impulse response functions – brown consumption tax shock
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for an exogenous increase of 5 percentage points
in the consumption tax rates for goods produced by brown sectors in period 1.
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H Model without Abatement Channel

In this section, carbon tax simulations are shown for the model where intermediate goods
producers cannot engage in abatement activities.

This implies setting ψAs,t ≡ 0 and XA
s,t ≡ 0 in the model to replace the first order

condition (49) (and the corresponding real version of this equation) and the definition
(45) in the set of equilibrium conditions. Furthermore, the term ι2s(ψ

A
s,t)

ι3sY̊s,t is erased
from the sectoral market clearing condition (120) and the definition of f3,s,t in Equation
(60); alternatively, one has to set ι2s = 0 for all s = 1, . . . , S.

Comparing Figure H.1 below to Figure 4 reveals that for all the revenue recycling
scenarios the opportunity for firms to abate emissions generates additional emissions
reductions in the order of 1–2%. Furthermore, it allows the revenue recycling scheme
where public green capital is built with the carbon tax revenues to even feature a boost
to economic output alongside lower emissions, while emissions increase in the short run
without the abatement opportunity by almost 2%. Only the dynamics of emissions
are considerably affected, while the other impulse responses do not show remarkable
differences in the model without abatement.
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Figure H.1: Impulse response functions – carbon tax shock and type of revenue recycling
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for an exogenous increase in the carbon tax equal
to 20 euro per ton of carbon (i.e. a doubling of the carbon tax from 20 to 40 euro) in all sectors in period
1. The black solid lines correspond to carbon tax revenue recycling in the form of a lump-sum transfer
to households, the blue dashed lines to carbon tax revenue recycling in the form of investment subsidies
to the firms in the green sectors, and the magenta dash-dotted lines to carbon tax revenue recycling in
the form of investment in public green capital.
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I Model without Intermediate Inputs Linkages

In this section, we provide impulse response functions in the equivalent model, where
there are no input-output linkages in the intermediate goods sectors. Thus, input-output
linkages can only be found in capital investments via the investment networks.

This implies that the intermediate goods production function for producer j is changed
to the following simpler one:

Ys,j,t = (1 +Kp
g,t)

αgsAs,tVAs,t, (I.1)

VAs,t =
(
αs(us,tKs,j,t)

(γs−1)/γs + (1− αs)(Ls,j,t)
(γs−1)/γs

)γs/(γs−1)
. (I.2)

All intermediate inputs, its prices, and related equations disappear from the model, i.e.
one has to set Zs,t = 0 and Zr,t(s) for all s, r = 1, . . . , S everywhere where these variables
appear in the model, and the following equations are removed from the set of equilibrium
conditions (including the real versions of these equations): (39), (42), (47). Furthermore,
Equation (61) changes to:

Y̊s,t = Ys,t/P̊s,t = (P̊s,t)
−1(1 +Kp

g,t)
αgsAs,tVAs,t. (I.3)

Additionally, the first order conditions (46) and (48) simplify to (similar changes are
applied to the real versions of these equations):

Ws,t =
MCs,t(1− αs)Ys,t

VAs,t

(
VAs,t

Lds,t

)1/γs

, (I.4)

Rk
s,t =

MCs,tαsus,tYs,t
VAs,t

(
VAs,t

us,tKs,t

)1/γs

. (I.5)

To let this alternative model reproduce similar moments as the benchmark model,
the consumption and intermediate input tax rates τ̄ cs and τ̄ zs and the LIA constraint
parameter χs are calibrated differently. The values chosen now are τ̄ cs = τ̄ zs = 0.122 and
χs = 3.75. This allows this model to still produce an implied steady-state labour income
tax rate and total loans to annualised GDP ratio as the benchmark model. Thus, changes
discussed below might not only be related to the absence of interlinkages in intermediate
goods sectors but also to these changes in parameters. The parameters ζs and σs are
not needed anymore, while the parameters αs and γs remain to be set as before. The
parameters αs do not change, since we assume that the share of intermediate inputs in
the benchmark model is distributed according to the original capital and labour shares
αs and 1− αs.

The most interesting changes are visible for the scenarios featuring the green tech-
nology shock and capital utilisation rate shocks. The results from these scenarios in the
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Figure I.1: Impulse response functions – green technology shock, building public capital
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for several different shocks in period 1. The
black solid lines depict impulse response functions for an exogenous increase of 3.5 percentage points
in the total factor productivity processes of the green sectors. The blue dashed lines correspond to the
government issuing green public bonds for building public green capital in the amount of 5% of aggregate
private investment.

model without intermediate input linkages are depicted in Figures I.1 and I.2. First,
comparing Figure I.1 to Figure 5 reveals that the green technology shock is expansion-
ary in the model without input-output linkages in the intermediate goods sectors, while
it was recessionary in the short run in the benchmark model. Moreover, the effects of
building public capital are larger without these interlinkages. This can be explained by
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Figure I.2: Impulse response functions – capital utilisation rate shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous declines of 10% in logarithmic terms
in capital utilisation rates in period 1. The black solid lines correspond to the simulation that sees an
exogenous decline in the capital utilisation rates of all sectors, while the blue dashed lines depict the
economic effects of a decline in the capital utilisation rates of the brown sectors only (see Table E.2 for
the classification of sectors into brown and green).

supply-side restrictions in the benchmark model. The green technology shock is not ex-
pansionary at first since the supply of intermediate inputs from the brown sectors takes
time to increase and thus the economy channels funds to household consumption to ob-
tain higher utility and investments to increase the supply of brown intermediate inputs
in the longer run. These redistribution activities harm economic growth initially despite
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the productivity increase in the green sectors. In the model without interlinkages, the
benefits of higher productivity can be fully enjoyed by the green sectors instead and due
to the incentive to reallocate labour from the green to the brown sectors are also enjoyed
by the brown sectors. The capital utilisation rate shocks imply more negative reactions
in the longer run and negative instead of positive reactions in the short run in the model
without interlinkages as can be seen from comparing Figure I.2 to Figure G.1. In the
model with interlinkages, the lower capital utilisation in the sectors propagates through
the intermediate inputs network and its negative effects are shared collectively among
all sectors. This is why capital investments decrease less, inflation increases less, and
the increased labour supply can be better put to use by the intermediate goods firms, as
compared to the effects in the model without intermediate input interlinkages. Without
the interlinkages, the capital investments decrease much more in the affected sectors and
inflation increases five times more due to each sector having to face the burden of lower
capital utilisation alone, which due to the ensuing strong monetary policy tightening im-
plies larger output losses, especially in the short run when inflation increases by 6% or
10%, depending on which sectors are affected by lower capital utilisation.

The effects of investment tax and subsidy shocks are also changed considerably in
favour of these policies (Figures I.3 and I.4 vis-á-vis Figures 4 and 6 for the benchmark
model). Generally, brown investment taxes, green investment subsidies, and the carbon
tax revenue recycling scheme that uses the carbon tax revenues to finance green invest-
ment subsidies are performing much better by producing larger green transition activities
and greater benefits for the green sectors. However, this does not come unexpected since
the share of capital has become larger and thus investment dynamics play a larger role in
the model than before. Additionally, benefits to one sector only accrue to this sector and
not as before significantly also to the other sectors from which this sector uses a large
share of intermediate inputs in the benchmark model.

In particular, the carbon tax revenue recycling scheme that uses the revenues to
finance green investment subsidies also breaks the trade-off between economic growth
and an emissions reduction in the short and medium run, since aggregate output expands
while emissions considerably decrease (also in the long run). The emissions reduction is
even the highest in this carbon tax revenue recycling scenario, and the reduction of output
in the long run is rather small. Similarly, the introduction of an investment tax in the
brown sectors induces an aggregate output extension in the short to medium run while
reducing emissions significantly, which originates mostly from the expansion of green
production activities (see Panel J in Figure I.4). The production in the brown sectors is
not harmed for very long due to the uniform decrease in loan costs in all sectors (Panels S
and T). In addition, the fiscal neutral combination of brown investment taxes and green
investment subsidies also breaks the aforementioned trade-off between economic growth
and emissions reductions in a similar way with expansionary effects until quarter 16 after
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Figure I.3: Impulse response functions – carbon tax shock and type of revenue recycling
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for an exogenous increase in the carbon tax equal
to 20 euro per ton of carbon (i.e. a doubling of the carbon tax from 20 to 40 euro) in all sectors in period
1. The black solid lines correspond to carbon tax revenue recycling in the form of a lump-sum transfer
to households, the blue dashed lines to carbon tax revenue recycling in the form of investment subsidies
to the firms in the green sectors, and the magenta dash-dotted lines to carbon tax revenue recycling in
the form of investment in public green capital.

the shock and a large emissions reduction, thereby restoring the favourable outcome of
this fiscal policy that we have established in our previous work using a model without
financial intermediaries (Grüning and Kantur, 2023).

In the absence of an intermediate input network, the responses of output and investment-

81



Figure I.4: Impulse response functions – investment tax/subsidy shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous changes in investment tax rates.
The black solid lines correspond to the simulation that sees an exogenous increase of 5 percentage points
in the investment tax rates of the brown sectors, while the blue dashed lines depict the economic effects
of an exogenous decrease of 5 percentage points in the capital investment tax rates (i.e. an investment
subsidy) of the green sectors in period 1. Finally, the magenta dash-dotted lines correspond to a fiscal
budget-neutral combination of the two aforementioned simulations.

related variables to financial regulation shocks are generally more subdued, indicating a
reduced level of amplification. On the other hand, price-related variables exhibit more
pronounced differences, both in terms of magnitude and direction. After an absconding
rate shock in the brown sector under the scenario without the intermediate input net-
work, we observe a limited decline in brown loan demand, compared to the case with the
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network (Figures I.5 and 2). When the intermediate input network is absent, firms are
less able to manage their input costs effectively, resulting in a more significant contraction
in labour demand than in the original scenario. Additionally, the fall in inflation is more
pronounced, leading to a larger decrease in interest rates, which further exacerbates the
decline in banks’ net worth.

The sharper reduction in banks’ net worth under the no-network scenario leads to a
more significant contraction in loan supply. This occurs because the shock is transmit-
ted predominantly through the investment network, where the reduction in loan supply
exceeds the decline in loan demand. Consequently, loan rates of both brown and green
loans increase as the investment network remains intact, ensuring that the loan market
continues to function as an integrated system. The green sector is also affected through
the investment network. Initially, green investment declines due to elevated loan rates,
but a quick recovery follows, even resulting in a slight increase in green output, which
can be interpreted as an indication of a green transition. However, since green invest-
ment relies on brown investment goods, brown investment also rises, leading to an initial
increase in emissions. In the long run, however, we observe a decline in emissions, driven
by the effects of the green transition.

A negative shock to the absconding rate in the green sector increases demand for
green loans, which in turn boosts investment and green output. Without the intermediate
input network, the allocation of inputs changes in the no intermediate input network case,
leading to a sharper decline in labour demand. Inflation rises, followed by an increase
in interest rates. As a result, banks’ net worth improves, leading to an expansion in
loan supply, and loan interest rates fall. The availability of cheaper brown and green
loans stimulates investment in both sectors, driving up output. While emissions initially
increase, they eventually decline as the rise in green output surpasses that of brown
output. In this scenario, the increase in green output does not contribute to additional
emissions, since the intermediate input network channel is closed.

In the absence of the intermediate input network, the investment network plays a more
prominent role, making the loan market more significant in driving economic dynamics.
With firms facing greater limitations in the allocation of inputs, price adjustments become
less efficient, resulting in increased price volatility. As a result, the overall response of
the economy to shocks is shaped more by the strength of the investment network, which
amplifies the effects on loan supply and demand.

In Figure I.6, we examine the impact of Green QE, Brown QT, and the combined
policy effects in the absence of the intermediate input network. When the central bank
purchases green bonds, it exerts downward pressure on green bond yields, reducing the
cost of borrowing for green projects. As a result, green loans increase, followed by a rise in
green investment and green output. Similar to absconding rate shocks, the magnitude of
responses of these variables are smaller compared to Figure 3. With the investment net-
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Figure I.5: Impulse response functions – absconding rate shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous changes in absconding rates. The
black solid lines correspond to the simulation that sees an exogenous increase of 10 percentage points
in the absconding rates of the brown sectors, while the blue dashed lines depict the economic effects of
an exogenous decrease of 10 percentage points in the absconding rates of the green sectors in period 1.
Finally, the magenta dash-dotted lines correspond to a combination of the two aforementioned simula-
tions.

work still in place, demand for brown investment also rises, leading to increased demand
for brown loans. In the absence of the intermediate input network, the labour demand
increases more significantly due to the less efficient allocation of inputs. Consequently,
inflation rises more than in the original scenario, prompting a larger increase in interest
rates. The expansion of bank net worth boosts loan supply, causing loan rates to fall.
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Figure I.6: Impulse response functions – QE/QT shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for QE and QT shocks by the monetary authority
in period 1. For the black solid lines, the central bank buys an additional 5% of the outstanding corporate
bonds in the green sectors to implement a Green QE programme. For the blue dashed lines, the central
bank sells 5% of the outstanding corporate bonds in the brown sectors that are on its balance sheet,
i.e. a Brown QT shock. The magenta dash-dotted lines combine the aforementioned Green QE and the
Brown QT shocks.

In this case, the increase in green output surpasses that of brown output, as the absence
of the intermediate input network shifts the dynamics. As a result, emissions decrease
in the medium run, driven by the stronger growth in green output. In another scenario,
where the central bank implements Brown QT by raising the cost of brown loans, we
observe similar but opposite effects due to the interconnectedness of sectors through the
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investment network. The key difference is a sharper decline in output for the green sector.
This outcome is driven by two factors: the reduced demand for green investment goods
from the brown sector and the higher loan rates, which constrain green sector investment.
Similarly, the combined policy implementation highlights the heightened significance of
the investment network in the absence of the intermediate input network. We observe an
increase in loan rates, accompanied by a decline in both sectoral and aggregate output
levels. The drop in inflation is more pronounced, and the monetary policy’s response
to falling prices effectively influences the loan market by expanding loan supply, which
in turn puts additional downward pressure on loan rates. The overall impact is more
contractionary compared to the original case we have in the analysis.
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J Impulse Response Functions without Banks

In this section, we provide impulse response functions in the equivalent model, where
there is no banking sector.

In order to eliminate the banking sector from the benchmark model, all equilibrium
conditions (and their real versions) in Section 2.6 have to be erased from the equilibrium
system. Moreover, the bank-related variables Dt, RD

t , NWt, Φt and Zb
t have to be taken

out from the household budget constraint. The loan-in-advance constraints (72) are
taken out from the equilibrium system and the Lagrange multipliers attached to these
constraints now obey µLIAs,t ≡ 0 for all s = 1, . . . , S. Additionally, the central bank variables
Bcb
b,t, Bcb

g,t, L
i,cb
s,t , scbb,t, scbg,t, scbℓ,s,t, REt, and Tcb,t also have to be erased from the equilibrium

system (e.g., government budget constraint), alongside the following equations (and their
real counterparts): (93), (94), (95), (96), (97). The market clearing conditions in the
bond and loan markets (Equations 116, 117, and 118), reduce to:

Bb,t = Bp
b,t, (J.1)

Bg,t = Bp
g,t, (J.2)

Lis,t+1 = Li,ps,t+1, s = 1, . . . , S. (J.3)

Finally, Equation (92) has to be erased from the equilibrium system and the Euler equa-
tion for deposits (9) becomes the following Fisher equation (with a similar change applied
to the real version of this equation):

1 = Et[M
$
t,t+1it]. (J.4)

To let this alternative model reproduce similar moments as the benchmark model,
the consumption and intermediate input tax rates τ̄ cs and τ̄ zs are calibrated differently.
The values chosen now are τ̄ cs = τ̄ zs = 0.2578. This allows this model to still produce
an implied steady-state labour income tax rate as the benchmark model. Thus, changes
discussed below might not only be related to the absence of interlinkages in intermediate
goods sectors but also to these changes in parameters.

Comparing Figure J.1 to Figure 4 reveals that revenue recycling in the form of green
investment subsidies work much better in terms of economic growth in the model with-
out banks due to the direct link of investment and subsidies without banks acting as
intermediaries that can smooth out this shock by increasing interest rates. Due to the
strong boost of output in the short run the emissions increase on impact though and are
only reduced in the longer run when the positive output effect dissipates. The other two
revenue recycling schemes are not significantly affected by the presence of banks.

The green technology shock works a bit better without banks and also the responses
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Figure J.1: Impulse response functions – carbon tax shock and type of revenue recycling
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for an exogenous increase in the carbon tax equal
to 20 euro per ton of carbon (i.e. a doubling of the carbon tax from 20 to 40 euro) in all sectors in period
1. The black solid lines correspond to carbon tax revenue recycling in the form of a lump-sum transfer
to households, the blue dashed lines to carbon tax revenue recycling in the form of investment subsidies
to the firms in the green sectors, and the magenta dash-dotted lines to carbon tax revenue recycling in
the form of investment in public green capital.

are slightly amplified for building green public capital when comparing Figures J.2 and 5.
This is again due to the economy being able to utilise the full potential of the shock
without the banking sector as a smoothing channel in between.

The investment tax and subsidy shocks also become more powerful without banks
due to banks adjusting the interest rates and thereby smoothing the shock when they are
present and intermediating the investment expenditures in the model (see Figures 6 and J.3).
Therefore, the output effects are amplified, implying that emissions increase when green
investment subsidies are used as output is positively affected by green investment subsi-
dies in the model without banks.

The effects of capital utilisation rate shocks become larger without banks, thereby
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Figure J.2: Impulse response functions – green technology shock, building public capital
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for several different shocks in period 1. The
black solid lines depict impulse response functions for an exogenous increase of 3.5 percentage points
in the total factor productivity processes of the green sectors. The blue dashed lines correspond to the
government issuing green public bonds for building public green capital in the amount of 5% of aggregate
private investment.

again pointing to the banks serving as a shock smoother in the economy (see Figures G.1
and J.4).

The consumption tax shock implies very similar effects with and without banks as
apparent from a comparison of Figure J.5 with Figure G.2. Since banks only play a role
in financing investment expenditures for firms, the consumption expenditure decisions of
households are not affected by the banks’ presence or absence.
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Figure J.3: Impulse response functions – investment tax/subsidy shocks
A: Yt B: Ct C: Πt D: Et

0 5 10 15 20 25 30 35 40

-4

-2

0

2

4

6

8
Aggregate output, %

0 5 10 15 20 25 30 35 40

-1

-0.8

-0.6

-0.4

-0.2

0

0.2

0.4

0.6

0.8

1
Aggregate consumption, %

0 5 10 15 20 25 30 35 40

-0.05

0

0.05

0.1

0.15

0.2

0.25

0.3

0.35
Inflation, %

0 5 10 15 20 25 30 35 40

-3

-2

-1

0

1

2

3

4

5
Emissions, %

E: Ld
t F: wt G: it H: rt

0 5 10 15 20 25 30 35 40

-10

-5

0

5

10

15
Aggregate labor demand, %

0 5 10 15 20 25 30 35 40

-3

-2

-1

0

1

2

3
Wage, %

0 5 10 15 20 25 30 35 40

-0.2

-0.1

0

0.1

0.2

0.3

0.4

0.5
Nominal risk-free rate, pp

0 5 10 15 20 25 30 35 40

-0.4

-0.3

-0.2

-0.1

0

0.1

0.2

0.3

0.4
Real risk-free rate, pp

I: Yb,t J: Yg,t K: Cb,t I: Cg,t

0 5 10 15 20 25 30 35 40

-6

-4

-2

0

2

4

6

8
Brown sector's output, %

0 5 10 15 20 25 30 35 40

-4

-3

-2

-1

0

1

2

3

4

5

6
Green sector's output, %

0 5 10 15 20 25 30 35 40

-1

-0.8

-0.6

-0.4

-0.2

0

0.2

0.4

0.6

0.8

1
Brown sector's good consumption, %

0 5 10 15 20 25 30 35 40

-1

-0.8

-0.6

-0.4

-0.2

0

0.2

0.4

0.6

0.8

1
Green sector's good consumption, %

M: Ld
b,t N: Ld

g,t O: Ib,t P: Ig,t

0 5 10 15 20 25 30 35 40

-10

-5

0

5

10

15

20
Labor hired by brown sector, %

0 5 10 15 20 25 30 35 40

-8

-6

-4

-2

0

2

4

6

8

10

12
Labor hired by green sector, %

0 5 10 15 20 25 30 35 40

-30

-25

-20

-15

-10

-5

0

5
Capital investment, brown sector, %

0 5 10 15 20 25 30 35 40

-5

0

5

10

15

20

25

30

35

40

45
Capital investment, green sector, %

Notes: This figure depicts impulse response functions for exogenous changes in investment tax rates.
The black solid lines correspond to the simulation that sees an exogenous increase of 5 percentage points
in the investment tax rates of the brown sectors, while the blue dashed lines depict the economic effects
of an exogenous decrease of 5 percentage points in the capital investment tax rates (i.e. an investment
subsidy) of the green sectors in period 1. Finally, the magenta dash-dotted lines correspond to a fiscal
budget-neutral combination of the two aforementioned simulations.
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Figure J.4: Impulse response functions – capital utilisation rate shocks
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for exogenous declines of 10% in logarithmic terms
in capital utilisation rates in period 1. The black solid lines correspond to the simulation that sees an
exogenous decline in the capital utilisation rates of all sectors, while the blue dashed lines depict the
economic effects of a decline in the capital utilisation rates of the brown sectors only (see Table E.2 for
the classification of sectors into brown and green).
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Figure J.5: Impulse response functions – brown consumption tax shock
A: Yt B: Ct C: Πt D: Et
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Notes: This figure depicts impulse response functions for an exogenous increase of 5 percentage points
in the consumption tax rates for goods produced by brown sectors in period 1.
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